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The arithmetic function K(N) defined in the statement of Theorem 3 of [DS13, p. 177] should
instead be defined as

K(N) :=
∏
`-N

(
1−

(
(N−1)
`

)2
`+ 1

(`− 1)2(`+ 1)

)∏
`|N

(
1− 1

`ν`(N)(`− 1)

)
.

The reasons for the change are a couple of errors in the proof of Lemma 11. In the last line

of page 201, the Kronecker symbol
(
−N`
`

)
is missing its exponent, and should be replaced by(

−N`
`

)α
. In addition, the sum over a ∈ Z/`Z that appears in the line above the last line of page

201 should also carry the condition 4N`+a 6= 0. The net result is that the statement of Lemma 11
(pp. 188–189) must be altered. In particular, the displayed equation that is the second line of
page 189 is not correct. Indeed, in the case that ` | (N, f) and ν`(N) = 2ν`(f), we should have

cN,f (`α)

`α−1
= #C

(`)
N (1, 1, f)


(
`− 1−

(
N`

`

))
if 2 | α,

−1 if 2 - α,

instead. This change in the statement of Lemma 11 then affects the computation of the product
formula for the arithmetic function K0(N) = (N/ϕ(N))K(N) that occupies pp. 189–192. The
following list outlines the necessary changes.

(1) The function F2(`, f) should instead be defined by

F2(`, f) :=



(
1 +

1

`(`+ 1)

)
if ν`(N) < 2ν`(f),(

1 +
1

`

)
if ν`(N) > 2ν`(f),(

1 +
−
(
N`
`

)
− 1

`(`2 − 1)

)
if ν`(N) = 2ν`(f).

Received 3 December 2013, accepted in final form 6 February 2014, published online 17 July 2014.
2010 Mathematics Subject Classification 11G05 (primary), 11N13 (secondary).
Keywords: average order, elliptic curves, primes in short intervals, Barban–Davenport–Halberstam theorem,
Cohen–Lenstra heuristics.
This journal is c© Foundation Compositio Mathematica 2014.

https://doi.org/10.1112/S0010437X14007283 Published online by Cambridge University Press

http://www.compositio.nl/
http://www.ams.org/msc/
http://www.compositio.nl/
https://doi.org/10.1112/S0010437X14007283


C. David and E. Smith

(2) If ν`(N) > 0, then in all cases (that is, whether ν`(N) is odd or even and whether
(
N`
`

)
=

±1), we find that

1 +
∑
α>1

#C
(`)
N (1, 1, `α)F2(`, `

α)

ϕ(`α)`2αF0(`)
= 1 +

`ν`(N) − `
F0(`)`ν`(N)(`− 1)2

.

(3) Eventually, we arrive at the following corrected product formula for K0(N):

K0(N) =
N

ϕ(N)

∏
`-N

(
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`+ 1
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.
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