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1. The a i m of this note is to point out a m i s t a k e in the proof of 
T h e o r e m 2 of Wong's pape r [1] , We f i r s t give an example to show 
that the t h e o r e m as s ta ted is not t r u e . 

Example 1. Cons ider the c a r t e s i a n plane and the g r a p h H with 

equat ion y = / x * + 1 . F o r each n let f denote a g raph which is 

such that * 

(1) |f (x) - H ( x ) | < 1/n for a l l x, n = 1, 2, . . . 

(2) f (x) i n t e r s e c t s f(x) = x exact ly once and in a point with 
n 

a b s c i s s a g r e a t e r than n . 

(3) f (x) is cont inuous . 
n 

Then each f is a continuous function of r e a l s into i tself . The m e t r i c 
n 

d defined by 

à (x, y) 

is a bounded comple te m e t r i c for the r e a l s equivalent to the usua l 
m e t r i c . It is easy to see that {f : n = 1, 2 . . .} is a Cauchy sequence , 

n 

converg ing to H under the sup. n o r m topology. Each f has a fixed 

point but H does not . This comple t e s the e x a m p l e . 

As a spec i a l c a se in the above example , we m a y cons ide r 

H(x) x < n 

H(n) n < x <_n + k/L 
f (x) -
n 1 g (x) n + '/i. < x < n + 1 

v H(x) x > n + 1 

w h e r e g (x) is the line s egmen t connect ion the points ( n + '/*, H(n)) 

and (n + 1, H(n + 1)). 
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2 . Let X be a c o m p a c t m e t r i c space with m e t r i c p . Let X* be 
the se t of a l l cont inuous functions f r o m X into, itself, and define for any 
f, g e X* , 

d (f, g) = sup p (f (x) , g (x) ) 
X G X 

Then d is a c o m p l e t e m e t r i c on X* . Let 

F = {f e X* : f (x) = x for some x G X} . 

THEOREM 1. F is a c losed subse t of X* . 

P roof . Let {f } be a Cauchy sequence of funct ions in F . 

Since X* is comple t e , {f } c o n v e r g e s to a funct ion f G X* . We 

show that f G F . 

Let x be any fixed point of f , n = 1, 2, . . . . Since X is 
n n 

compac t , {f(x ) : n = 1, 2, . . .} has a conve rgen t subsequence 

{f(x ) : k = l , 2, . . . } converg ing , say, to x G X. Since {f } is 
k 

a Cauchy sequence it is e a sy to check that {f (x ) : k = 1, 2, . . . ) 

X X 
a l so c o n v e r g e s to x . That i s , {x : k = 1, 2, . . .} c o n v e r g e s to x . 

n k 
Hence f(x) = x and f G F . This c o m p l e t e s the proof. 

3 . Let X be a topologica l space , and X* be the space of a l l 
cont inuous funct ions of X into i tself with the c o m p a c t open topology 
[2] . Let F = {f G X* : f (x) = x for s o m e x G X} . 

THEOREM 2 . Jf X is c o m p a c t and Hausdorff, then F is c l o s e d . 

P roof . We show that the c o m p l e m e n t of F is open . Suppose 
f G X* - F . Then f (x) £ x for any x G X. Hence for any x G X t h e r e 
ex is t open se t s U and V containing x and f(x) r e s p e c t i v e l y such 

that U is compac t , U O V =0 and f (U ) C V . Then 
X X X X X 

f G M (U , V ) = {g e X* : g(U ) C V } . 
X X X X 

Choosing such p a i r s for each point x G X, we get an open cove r ing 
(U : x G X} of X , which has a finite subcover {U : i - ï 2, . . . ,nj 

x x. 
l 
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Let {V : i = 1, 2, . . . ,n} be the co r r e spond ing m e m b e r s of 
x. 

l 

{V : x e X} . Then 
x 

n _ 

v = r\ M(U , v ) 
. . X. X. 
1 = 1 1 1 

i s an open se t containing f . F u r t h e r m o r e if g € V then for any 
x e X , g (x) + x . Hence f e V C X* - F and X* - F is an open se t . 
This comple t e s the proof. 
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