
(A L E T T E R TO PROFESSOR J. LAMBEK) 

30th December , 1968 

Dear P r o f e s s o r Lambek : 

In your r e v i e w of A. P . M o r s e ' s , A Theory of Sets , [Canadian M a t h e m a t i c a l 
Bul le t in , II (1968) 354] you s t a t e in effect that 

{ x } = 0 

would s e e m to follow f rom the definit ion of s ingle ton on page 42 and axiom 2. 5. 0. , 
namely 

x < > ( 0 G x ) . 

P r e s u m a b l y h e r e you m e a n ' sng x1 ins tead of '{x} ' which is not defined until 
page 60. This quibble a s ide , you p e r h a p s a rgue as follows 

x i 0 ^ sng x = A y (y -> (x € y)) 

= A y(0 € y - * x ç y) 

- 0 . 

The e r r o r a p p e a r s in the second equal i ty . Although 

A y (y -> x € y) < ? A y( 0 € y -> x e y) 

follows f rom 2 . 5 . 0 . , 

A y(y -*• x € y) = A y(0 e y -> x e y) 

does not, no m o r e than does 

y = (o € y ) . 

More gene ra l ly (see 2 .9) 
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(x = y) __> (x « * y) . 

However, the single a r r o w does not always r e v e r s e . Somet imes it does , as for 
ins tance in 

(*) ((P— q) <—^ (~pVq)) ->((p -* q) = (~ p Vq)) . 

Intuitively sng x is the in te r sec t ion of all se ts of the fo rm ~y whe re x 
does not belong to y . In c o n t r a s t {x} is intuit ively the i n t e r s ec t i on of al l 
s e t s y where x belongs to y . H e r e we concede that an empty in t e r sec t ion is 
the u n i v e r s e . 

Intuition m a y be fortified by observ ing via (*) that 

sng x = Ay(-vyV(xe y)), {x} = A y(^ (x € y) V y) 

and rea l iz ing that 

(x € y) = U 

if in fact 

x € y 

and that 

(x € y) = 0 

o t h e r w i s e . 

Yours t ruly, 

T revor J. McMinn, 
Depa r tmen t of Mathemat i c s , 
Univers i ty of Nevada, 
Reno, 
Nevada. 

383 

https://doi.org/10.1017/S0008439500030666 Published online by Cambridge University Press

https://doi.org/10.1017/S0008439500030666

