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This paper provides an experimental investigation on the internal shear layers and the
edges of the uniform momentum zones (UMZs) in a turbulent pipe flow. The time-resolved
stereoscopic particle image velocimetry data are acquired in the cross-section of the
pipe, and span the range of Reynolds number Reτ = 340–1259. In the first part of the
study, internal shear layers are detected using a three-dimensional detection method,
and both their geometry as well as their fingerprint in the flow statistics are examined.
Three-dimensional conditional mean flow analysis revealed a strong low-speed region
beneath the average shear layers. This low-speed region is associated with positive
wall-normal fluctuations, and it is accompanied by two swirling motions having opposite
signs on either side in the azimuthal direction. Moreover, the shear layers are stretched
by the two opposite azimuthal motions. In the second part of the study, the shear
layers are treated as the continuous edges of the UMZs, which are detected using the
histogram method following Adrian et al. (J. Fluid Mech., vol. 422, 2000, pp. 1–54)
and de Silva et al. (J. Fluid Mech., vol. 786, 2016, pp. 309–331). For this part, two
different orientation of the planes are used, i.e. the wall-normal–streamwise plane and
the wall-normal–spanwise plane (cross-section of the pipe). Comparison of the detected
structures shows that the shear layers mostly overlap with a UMZ edge (in either plane).

Key words: pipe flow boundary layer, boundary layer structure

1. Introduction

Two-dimensional internal shear layer structures were reported before in turbulent
boundary layers (TBLs) by Meinhart & Adrian (1995) and Adrian, Meinhart & Tomkins
(2000) as the regions where high gradients in the streamwise velocity occur; and by Eisma
et al. (2015) as highly sheared regions. In these studies, it was shown that the shear layers
are bounding large-scale energetic motions that have nearly uniform streamwise velocities.
Later, several researchers treated the continuous edges of these large-scale motions as
shear layers (e.g. Kwon et al. 2014; de Silva, Hutchins & Marusic 2016; Laskari et al. 2018;
Chen, Yongmann & Wan 2020). In wall turbulence, these energetically significant coherent
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motions have been known to carry a substantial portion of the turbulent kinetic energy
and Reynolds stress (Liu, Adrianand & Hanratty 2001; Ganapathisubramani, Longmire &
Marusic 2003; Guala, Hommema & Adrian 2006; Wu, Baltzer & Adrian 2012; Ahn et al.
2015). The momentum exchange between these large-scale regions as well as their growth
rate, on the other hand, must be largely determined by the thin shear layers bounding them,
where large velocity gradients occur (e.g. Eisma et al. 2015). The large-scale motions have
also been reported to modulate the amplitude (Hutchins & Marusic 2001; Mathis, Hutchins
& Marusic 2009; Guala, Metzger & McKeon 2011; Ganapathisubramani et al. 2012; Ankit
& William 2018) and frequency (Ganapathisubramani et al. 2012; Baars, Hutchins &
Marusic 2017; Ankit & William 2018) of the small-scale motions near the wall. Therefore,
understanding the characteristics of these large-scale motions and their thin bounds (i.e.
the shear layers) is very important for the conceptual picture of turbulence in canonical
wall-bounded flows, as well as its advanced modelling, which remains a great challenge.

Initially, the long tail of the auto-correlation function of the streamwise velocity
fluctuations in the experiments of Grant (1958), led Townsend (1961) to argue for the
presence of large-scale motions (LSMs) in the outer region of wall turbulence. The
existence of LSMs was supported later by several other correlation-based (e.g. Bradshaw
1967; Blackwelder & Kovasznay 1972) and spectral-based studies (e.g. Perry & Abell
1975; Bullock, Cooper & Abernathy 1978; Guala et al. 2006). The long correlation tails
and the spectral peaks in these studies showed that LSMs are of the order of ∼R or ∼δ;
where R is the pipe radius, and δ is either the boundary layer thickness or half-channel
height. With the development in experimental measurement techniques, Tomkins &
Adrian (2003) and Ganapathisubramani et al. (2003) captured the instantaneous snapshots
of these structures using particle image velocimetry (PIV). They showed that these long
low-speed structures are flanked by high-speed fluid regions, characterizing the streaky
nature of the log region.

In addition to LSMs, Kim & Adrian (1999) hypothesized on the existence of very
large-scale motions (VLSMs) in a turbulent pipe flow based on the low-wavenumber peaks
in the pre-multiplied energy spectra of the streamwise velocity fluctuations. The presence
of VLSMs with a streamwise extent as much as 30R in turbulent pipe and channel flows
was also discussed by del Alamo & Jiménez (2003), Guala et al. (2006), Monty et al.
(2007) and Bailey et al. (2008). Very long elongated regions of high and low velocity were,
similarly, identified in a TBL by Hutchins & Marusic (2007). They termed these very large
energy motions superstructures. Although large-scale motions in internal and external
flows have been argued to be qualitatively very similar (e.g. Balakumar & Adrian 2007;
Monty et al. 2009), Monty et al. (2009) showed that the large-scale energetic motions
in internal flows extend to much higher wall-normal distances. Also, they found that the
energy of VLSMs corresponds to larger wavelengths in internal flows.

While there are different views about the origin and evolution of these large energetic
motions, Kim & Adrian (1999) and Adrian et al. (2000) argued that these structures
are formed by the streamwise alignment of several hairpin packets. According to the
conceptual picture of Adrian et al. (2000), the hairpins within a packet induce a single
low-speed velocity region, where the streamwise velocity is nearly uniform, which is
referred to as a uniform momentum zone (UMZ). Superimposing hierarchies of hairpin
packets using the attached eddy hypothesis, de Silva et al. (2016) generated UMZs
and their structural statistics in a turbulent boundary layer. The results of the synthetic
data were compatible with the log linear increase in the detected number of the zones
with Reynolds number as observed in their experiments. Recently, Laskari et al. (2018)
associated the higher than average number of the UMZs at a certain Reynolds number
with the increased turbulence activity and ejection events in the log region in a TBL. The
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lower than average number of the UMZs, on the other hand, were coupled with sweep
events together with low turbulence activity away from the wall.

The UMZs are interesting also because they are bounded by relatively thin regions of
intense vorticity associated with strong jumps in the flow velocity (e.g. Meinhart & Adrian
1995; Adrian et al. 2000; Eisma et al. 2015). These thin regions are referred to as internal
shear layers or internal interfaces, and together with UMZs they characterize instantaneous
wall turbulence. The vorticity in the layer may be associated (in part) with hairpins in a
packet, which encloses a low-speed (uniform) flow region. However, the three-dimensional
(3-D) structure of the shear layer and its possible connection with hairpins are unclear
at this point. Similar shear layer structures were also reported by Worth & Nickels
(2011) and Ishihara, Kaneda & Hunt (2013) in homogeneous and isotropic turbulence.
Therefore, shear layers may be important general features of turbulence. This finds
statistical support in the average flow field associated with turbulent strain, which reveals
a shear layer bounded by two large-scale approximately uniform flow regions similar to
the instantaneous internal shear layers (Wei et al. 2014; Elsinga et al. 2017).

Although the importance of internal thin shear layers has been recognized by several
researchers since the late 1900s (e.g. Blackwelder & Kovasznay 1972; Robinson 1991),
several issues remain to be addressed; in particular, their geometrical features, the
mechanism by which these structures form and evolve and if and how their characteristics
differ between turbulent flows. Moreover, two different approaches seen in the literature
have been employed so far to detect the internal shear layers. The first approach relies on
distinguishing the shear through the velocity gradient tensor, while the second one relies
on the histogram of the streamwise velocities determined over wall-normal–streamwise
plane at a certain spanwise position. With the latter method, the shear layers are treated
as the continuous edges of the UMZs. Obviously, these two methods are rather different
from each other. Therefore, it is also of interest to provide a comparison between these two
different approaches.

To address some of the above questions, we provide a comprehensive analysis of
internal shear layers based on the experimental databases acquired with time-resolved
stereoscopic PIV in the cross-section of a turbulent pipe flow which can be reconstructed
into quasi-instantaneous 3-D realizations, following van Doorne & Westerweel (2007). In
particular, we investigate the geometrical properties of these shear layers and their 3-D
signature in the flow field through conditional sampling and two point correlations. Also,
we provide a comparison between the above mentioned 3-D shear layer detection method
and the histogram method. We carry out this analysis for four different flow conditions,
i.e. Reτ = 340, 752, 999 and 1259, to examine if and how their properties change with
Reynolds number.

This paper is organized as follows: a description of the experimental set-up and the
datasets is given in § 2. Then, the 3-D shear layer detection method is introduced, and
the geometrical features of the shear layers as well as their 3-D fingerprints in the flow
statistics are discussed (§ 3). Later, in § 4, the UMZs and their edges are analysed using the
histogram method. A comparison between the two different methods used for the detection
of the shear layers and the continuous edges of the UMZs is also provided (§ 5). Finally,
the findings are summarized in § 6.

2. Experimental set-up and datasets

The experiments were performed in the pipe flow facility at the Laboratory for Aero-
and Hydrodynamics of Delft University of Technology. The pipe is ∼28 m long, and has
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Reτ ReD Ub uτ Spatial res. Temporal res. Number of
(m/s) (m/s) d+

l Δt+ velocity fields

340 10 900 0.229 0.0142 8.8 0.338 1782
752 27 100 0.570 0.0316 19.4 1.666 1782 × 3
999 37 500 0.789 0.0420 25.8 2.938 1782
1259 48 800 1.024 0.0528 32.5 4.654 1782

TABLE 1. Summary of the experimental conditions for the turbulent pipe flow, with d+
l =

dluτ /ν and Δt+ = Δtu2
τ /ν, where dl and Δt are the dimension of the PIV interrogation domain

(in the light sheet plane) and PIV exposure time delay, respectively.

an inner diameter, D, of 40 mm. The measurement location is 21.82 m downstream of the
pipe inlet, corresponding to ∼546D. The working fluid is water.

The turbulent flows were captured with high-speed, stereoscopic PIV, where the
measurement plane was perpendicular to the streamwise direction. A water-filled
rectangular box with two prisms was located between the pipe and cameras to decrease
the optical distortions due to refraction. The stereoscopic-PIV measurements provide all
three components of velocity across the entire pipe cross-section. To enable the PIV
measurements the flow was seeded with 10 μm tracer particles (Sphericell), which have
a density close to that of water. The entire cross-section of the pipe was illuminated by a
light sheet generated using a twin-cavity double pulsed Nd:YLF laser (25 mJ per cavity at
1 kHz and 527 nm wavelength). The thickness of this light sheet was 0.9 mm, which was
determined based on the method by Wieneke (2005).

The particle images were recorded using two high-speed CMOS cameras (Lavision
Imager HS 4M) equipped with a Micro-Nikkor F105 mm objective operating at f# = 11.
The field of view was 2.36R × 2.58R, where R is the radius of the pipe. The nominal
image magnification and the depth of field were ∼0.5 and ∼2.5 mm, respectively. Images
were recorded at a frame rate of 0.714 kHz. For each flow condition, Reτ = 340, 752, 999
and 1259, a total of 1782 instantaneous velocity fields were obtained. Two additional sets
were collected for Reτ = 752. Here, Reτ is the friction Reynolds number, Reτ = uτ R/ν,
defined by the wall friction velocity, uτ , the pipe radius, R, and the kinematic viscosity of
the fluid, ν.

The calibration, data acquisition and post-processing were performed with a commercial
software package (Davis 8.3.1, LaVision). The PIV images were interrogated with a
multi-pass interrogation technique, where the final interrogation window size was 24 × 24
pixels (with 75 % overlap) corresponding to a spatial resolution based on the window size
between 8.8 and 32.5 viscous wall units (ν/uτ ) depending on Reτ (see table 1).

In the present study, r, θ and x represent the radial, azimuthal and axial coordinates,
respectively, with the corresponding velocity components, ur, uθ , ux . Similar to previous
studies (e.g. Guala et al. 2006; Wu et al. 2012), the cylindrical coordinates were
transformed to the Cartesian coordinates to enable comparison with other wall-bounded
turbulent flows. In the Cartesian coordinate system, x , y = R − r and z = rθ represent
the streamwise, wall-normal and spanwise directions, respectively. The corresponding
instantaneous velocities are given by u, v and w, respectively. Time averaged quantities
are denoted by capital letters (e.g. U), and velocity fluctuations are denoted by prime
symbols (e.g. u′). The superscript ‘+’ is used to denote the inner scaling of length, (e.g.
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FIGURE 1. (a) Mean velocity, U+, and (b) r.m.s. profiles for the streamwise velocity component,
u+

rms. Magenta, blue, red and green lines correspond to current data at Reτ = 340, 752, 999 and
1259, respectively. Brown and black lines with symbols represent the experimental data (laser
Doppler anemometry) of den Toonder & Nieuwstadt (1997) for Reτ = 315 and 690, respectively;
while, light blue with symbols (◦) represent the DNS results of Lee, Ahn & Sung (2015) for
Reτ = 930.

y+ = yuτ /ν) and velocity, (e.g. u+ = u/uτ ). The bulk and centreline velocities are Ub and
Ucl, respectively.

To assess the accuracy of the datasets, profiles for the mean velocity (U+) and root
mean square (r.m.s.) of the streamwise velocity fluctuation (u+

rms) are compared with the
experimental (laser Doppler anemometry) and DNS data of den Toonder & Nieuwstadt
(1997) and Lee et al. (2015) at similar Reynolds numbers (figure 1). Good agreement
between the current data and the reference data is observed in the outer layer of the
turbulent pipe flow, which is the region of interest. The deviations in the r.m.s. profiles are
less than 2 % beyond y+ = 50 for all the cases compared. Larger deviations are observed
closer to the wall due to limited spatial resolution. However, the near-wall region is not
considered for further analysis.

To assess the measurement noise contribution to the r.m.s. profiles, a 2-D Gaussian
smoothing over a kernel size of 5 × 5 was applied to the velocity fields in the
spanwise–wall-normal planes for each snapshot. After the smoothing, deviations of 0.7 %,
1.7 %, 2.1 % and 2.6 % were observed at a wall-normal distance of y+ = 50 for the
Reynolds numbers Reτ = 340, 752, 999 and 1259, respectively, when compared to the raw
data. Beyond that wall distance, the deviations gradually become much smaller, which
shows that the noise level in the PIV images is not significant. Note that relatively larger
deviations near the wall is expected as the near-wall region is dominated by the small
scales of turbulence, and their contribution to the r.m.s. profiles is attenuated by the
smoothing.

Since the shear layer detection method is based on an evaluation of the velocity
derivatives, further assessment was carried out on the velocity gradients, for y/R = 0.1–1.
The velocity gradients were obtained by applying a second-order regression filter over a
kernel size of 5 × 5 × 5 (Elsinga et al. 2010). The spatial filter length of the regression is
comparable to the PIV spatial filter. Here, the local mean streamwise velocity along with
the Taylor’s hypothesis (Taylor 1938) was used to convert the temporal derivatives into the
out-of-plane component of the velocity gradient. The joint probability density function
(p.d.f.) of (∂v/∂y + ∂w/∂z) and (−∂u/∂x), presented in figure 2(a) for Reτ = 752, shows
that the data tend to the red diagonal line, which is indicative of the divergence-free
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FIGURE 2. (a) Joint p.d.f. of (∂v/∂y + ∂w/∂z) and (−∂u/∂x). The contours are from 0.05 to
0.95 with an increment of 0.05. (b–d) Instantaneous three-dimensional views of the detected
shear regions, where iso-surfaces represent [A]/[A]y/R=0.2 = 0.5 (magenta), 1 (yellow) and 5
(green). Azimuthally averaged 1.5× local mean shear values were used to distinguish the intense
shear regions from the surrounding before any normalization. Here, [A]y/R=0.2 is both a time and
azimuthally averaged shear value at the wall location y/R = 0.2. Panels (c,d) show two closer
views from different perspectives.

condition, as required for mass conservation in an incompressible fluid. The data away
from the diagonal, i.e. non-zero divergence, indicate a finite measurement error, which is
quantified by the r.m.s. divergence error. For the flow conditions, Reτ = 340, 752, 999 and
1259, the r.m.s. divergence error is 1.8, 4.5, 6.2 and 8 s−1, respectively. All these values
are consistent with the values reported by Jodai & Elsinga (2016) and Eisma (2017) for
tomographic PIV in a TBL. The increase in the r.m.s. divergence with Reynolds number
is mainly due to the effect of the decreased spatial resolution in x . Further details about
the uncertainties in the velocity and the velocity derivatives can be found in Gül (2019).

3. Properties of internal shear layers based on a 3-D detection method

3.1. Detection of the shear layers
The shear regions were detected using the identification method of Horiuti & Takagi
(2005) for vortex sheet like structures. This method is based on the correlation between
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the strain rate, Sij[=(∂ui/∂xj + ∂uj/∂xi)/2], and vorticity, Ωij[=(∂ui/∂xj − ∂uj/∂xi)/2],
tensors, which is represented by the symmetric tensor Aij = SikΩkj + SjkΩki. After the
eigenvalues of this symmetric tensor are determined, they are ordered according to the
alignment of their eigenvectors with the vorticity vector. The eigenvalue whose eigenvector
has the maximum alignment is represented by [Aij]z. The largest remaining eigenvalue is
represented by [Aij]+, and the last remaining one by [Aij]−. The eigenvalue [Aij]+ is a
measure for the local shear content in a point and will be used to identify vortex sheet like
structures. Throughout this paper, we simply use [A] to represent [Aij]+.

To distinguish the (intense) shear layers, we applied a threshold based on the local mean
value, 1.5× the local mean, which was determined for each snapshot by averaging the
instantaneous shear quantities, [A], in the azimuthal direction for a given radial position.
After testing several threshold values, 1.5× the local mean was chosen, as with this
threshold it was observed that the cores of the detected shear layers are more clearly
distinguished compared to lower threshold values, and also they overlap fairly well with
the peaks of the instantaneous wall-normal profiles of [A]. Note that, throughout this paper,
figures and the corresponding information belong to the condition Reτ = 752, unless the
Reynolds number is specified.

As a final note in this section, the shear regions detected using [A] were observed to
overlap fairly well with the shear layers identified using the 2-D triple decomposition
method of Kolár̆ (2007), which also was employed to distinguish shear regions in turbulent
flows (e.g. Maciel, Robitaille & Rahgozar 2012; Eisma et al. 2015). However, the detected
regions with [A], which is a 3-D method, were observed to better define the azimuthal
features of the structures.

3.2. Three-dimensional features of the detected shear layers
In figure 2(b–d), the detected shear regions using the 1.5× local mean value of the
shear are shown. As can be seen in this figure, the near-wall region of the pipe is more
densely populated by these structures as compared to the core region. Also, these shear
regions are fairly long both in the azimuthal and the streamwise directions, while they
are relatively thin in the radial (wall-normal) direction, forming layer like structures. The
structural features of the shear layers are further analysed below on different cross-sections
of the pipe, i.e. wall-normal–spanwise plane (figure 3) and wall-normal–streamwise plane
(figure 4).

Figure 3(a) shows the shear content, [A], of an instantaneous snapshot of the
cross-section of the pipe. Here, the local shear values are normalized by the azimuthally
averaged shear values (for each radial position) of the same snapshot. This results in
intense shear regions as can be seen in this figure. After applying a threshold, based on
the 1.5× local mean (figure 3b), these intense shear regions can be distinguished from the
surrounding. Based on the thresholding criterion, the thickness and the spanwise length of
the structures vary somewhat, as expected. However, they remain relatively thin compared
to their spanwise length. The structures identified by the applied threshold in figure 3(b)
are observed to surround the core region of the pipe, which is less turbulent than the
region near the wall. A similar observation was reported before by Kwon et al. (2014)
and Yang, Hwang & Sung (2016) for a turbulent channel flow, where they argued that a
continuous interface marking a jump in the streamwise velocity demarcates the quiescent
core region. Also, the layers in the turbulent pipe flow are observed to be bounding
large-scale regions of nearly uniform streamwise velocities (figures 3 and 4), as previously
reported observations by Meinhart & Adrian (1995), Adrian et al. (2000) and Eisma et al.
(2015) in a TBL.
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1 753 0 0.60.40.2 0.8 1.0

(b)(a)

FIGURE 3. (a) Shear field, [A], of an instantaneous snapshot of the cross-section of the
pipe, where the shear values are normalized by the azimuthally averaged shear value at each
wall-normal location, [A]y . (b) Intense shear regions of [A] (shown by black) greater than the
1.5× local mean shear values for the same instantaneous snapshot in (a). Background map
represents the instantaneous streamwise velocity field normalized by the central velocity of the
pipe, u/Ucl.
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FIGURE 4. Sample instantaneous field of the streamwise velocity, u, normalized by Ucl (colour
map) in the wall-normal (y)–streamwise (x) plane together with the detected shear regions, [A]
(shown by the grey contours), normalized by the mean shear value at y/R = 0.2. The streamwise
extent is reconstructed using the bulk velocity, Ub, together with Taylor’s hypothesis. Arrow
indicates the direction of the flow.

Furthermore, to investigate the large-scale motions around the shear layers and possible
link between them, 3-D conditional analyses were conducted. Figures 5(a) and 5(b)
show iso-surfaces of the streamwise and wall-normal velocity fluctuations and swirling
strength for the averaged flow field conditioned on the wall-normal centres of the internal
shear layers in the range y/R = 0.15–0.2. Here, for each cross-section of a detected
shear layer in the spanwise–wall-normal plane, the shear layer was further divided
into sections at each spanwise location. Finally, for each section of the shear layer the
wall-normal centre was determined. While yi corresponds to the wall-normal centre of
each final cross-section, xi and θi indicate the streamwise and azimuthal positions of these
cross-sections, respectively. Hence, the flow field was remapped with respect to yi, xi and θi
for each cross-section of a shear layer. Here, local conditional mean streamwise velocities
were used to reconstruct the streamwise extent. As can be seen in these 3-D figures, below
(y − yi = 0) there is a strong low-speed region extending in the streamwise direction,
which is accompanied by two distinguished swirling motions having opposite signs in the
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FIGURE 5. Iso-surfaces of the streamwise and wall-normal velocity fluctuations (a), and
swirling motions together with the low-speed flow (b), that are remapped with respect to the
wall-normal centres of the detected shear layers. Here, only the shear layers in the range
y/R = 0.15–0.2 are considered; yi, xi and θi correspond to the wall-normal, streamwise and
azimuthal positions of the shear layers (cross-sectionwise), respectively. Blue, red, yellow and
green surfaces in (a) correspond to 〈u′/Ucl〉 = −0.03, 〈u′/Ucl〉 = 0.015, 〈v′/Ucl〉 = −0.003
and 〈v′/Ucl〉 = 0.006, respectively. The streamwise extent is reconstructed using the local
conditional mean streamwise velocities. Iso-surfaces in cyan and purple in (b) represent a
swirling strength of 〈λR/Ucl〉 = 0.05 and 〈λR/Ucl〉 = −0.05, respectively.

spanwise direction. Also, this low-speed region can be seen to be associated with strong
positive wall-normal velocity fluctuations, which would indicate a region dominated by
ejection events. These findings are consistent with the conceptual picture of Adrian et al.
(2000) in the sense that uniform low-speed regions are separated from other flow regions
by strong vorticity, either in the form of shear layers, hairpins or both, and support the
connection between the shear layers and the hairpin structures.

In addition to figure 5, in figure 6, a 2-D cross-section of some averaged flow fields
at (x − xi = 0) is provided in the spanwise–wall-normal plane for all components of
the velocity fluctuations as well as swirling strength and Reynolds shear stress. All of
the above findings in figure 5 can be more clearly seen in these 2-D cross-sections.
Furthermore, from the spanwise component of the averaged velocity fluctuations
(figure 6c) as well as the averaged vector field shown by arrows and swirling motions
(figures 6d and 6 f ), it can be seen that the shear layers are strongly stretched in the
spanwise direction. This is the reason why the layers are thin in the wall-normal direction.

Note that we repeated the same conditional analysis for the shear layers at other
wall-normal locations. The results are qualitatively similar for the velocity fluctuations
and swirling motions. However, a decrease in the strength of these properties with the wall
distance was observed.

3.3. Shear layers in the spanwise–wall-normal plane
Previously mentioned studies have examined the shear structures or the continuous edges
of the UMZs in the streamwise–wall-normal plane only, either in a TBL or turbulent

ht
tp

s:
//

do
i.o

rg
/1

0.
10

17
/jf

m
.2

02
0.

50
3 

Pu
bl

is
he

d 
on

lin
e 

by
 C

am
br

id
ge

 U
ni

ve
rs

ity
 P

re
ss

https://doi.org/10.1017/jfm.2020.503


901 A10-10 M. Gul, G. E. Elsinga and J. Westerweel

–0.04

–0.03

–0.02

–0.01

0

0.01

–2

0

2

4

6

8

10
(×10–3)

–8

–6

–4

–2

0

2

4

6

(×10–3)

(×10–3)

–0.08

–0.06

–0.04

–0.02
0

0.02

0.04

0.06

(y
–

y i)/
R

(y
–

y i)/
R

(y
–

y i)/
R

(θ – θi)/2Π (θ – θi)/2Π

0.2
0.4

0.6
0.8

1.4
1.6
1.8

1.0

2.0

1.2

0

–0.1

0.1

0.3

–0.05 0.050

(a) (b)

(c) (d )

(e) ( f )

0.2

–0.2

0

0.3

–0.2

0.2

–0.1

0.1

0

0.3

–0.2

0.2

–0.1

0.1

0

0.3

–0.2

0.2

–0.1

0.1

0

0.3

–0.2

0.2

–0.1

0.1

0

0.3

–0.2

0.2

–0.1

0.1

–0.10 0.100–0.05 0.05

–0.10 0.100–0.05 0.05 –0.10 0.100–0.05 0.05

–0.10 0.100–0.05 0.05–0.10 0.100–0.05 0.05

FIGURE 6. Conditionally averaged fields around the shear layers for (a) streamwise velocity
fluctuation, 〈u′/Ucl〉, (b) wall-normal velocity fluctuation, 〈v′/Ucl〉, (c) spanwise velocity
fluctuation, 〈w′/Ucl〉, (d) swirling strength, 〈λR/Ucl〉 and (e) Reynolds shear stress, 〈−u′v′/U2

cl〉.
Panel ( f ) shows a close view for all components of the velocity fluctuations and swirling strength.
Here, contour lines in blue, red, yellow, green, black, orange, purple and cyan correspond
to 〈u′/Ucl〉 = −0.03, 〈u′/Ucl〉 = 0.015, 〈v′/Ucl〉 = −0.03, 〈v′/Ucl〉 = 0.06, 〈w′/Ucl〉 = −0.06,
〈u′/Ucl〉 = 0.06, 〈λR/Ucl〉 = −0.05 and 〈λR/Ucl〉 = 0.05, respectively. Arrows indicate the
average vector field for 〈u′〉 and 〈w′〉. Results correspond to the plane (x − xi = 0).
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FIGURE 7. Conditionally sampled streamwise velocity, u, (a) and dissipation, ε, (b) profiles in
the spanwise direction, θ . The spanwise centre of each cross-section of the detected shear region
is represented by θi, while (θ − θi) represents the distance from the centre of the cross-section of
the layers in the spanwise direction. Shear layers are grouped according to the location of their
spanwise centre (for each cross-section) in the pipe, from 0.1R to 1R with a constant increment
of 0.1R.

channel flow. In this section, we extend the analysis to the cross-sectional plane, and
consider the properties of the shear layers in the spanwise direction, which latter has not
been considered before.

We begin the analysis by conditionally averaging some flow properties across
the shear layers in the spanwise direction. The shear layers were first divided into
spanwise–wall-normal cross-sections at each streamwise location similar to § 3.2. Then,
for each cross-section, the shear layers were further divided into sections at each
wall-normal position, having a certain wall thickness determined by the vector spacing but
varying spanwise length. Afterwards, with respect to its wall position, each section was
grouped from the near wall, y = 0.1R, to the core, y = 1R, of the pipe in bins with an equal
increment of 0.1R. Finally, relative to the spanwise centre of each section, conditional
analyses were performed to find out if there is any change in the flow properties across
the detected shear layers along the spanwise direction. The resulting average profiles for
the streamwise velocity, 〈u〉, and the dissipation rate, 〈ε〉 are shown in figure 7. Here, the
profiles in (a,b) are normalized by the local conditional-mean values of 〈u〉y and 〈ε〉y ,
respectively, obtained at locations away from the effect of the layers. From figure 7, it
can be seen that these structures are associated with low streamwise velocity and high
dissipation. As can be seen in (a), this effect is stronger near the wall and weaker towards
the core of the pipe; whereas in (b) similar peaks (in terms of the magnitude) in the
dissipation rates result at each wall-normal location. Moreover, the peaks in the streamwise
velocity and dissipation rate profiles are wider in terms of the azimuthal angle near the pipe
centre. Note that the resolved dissipation rate was estimated by εresolved = 1

2ν(u′
i,j + u′

j,i)
2

(Tennekes & Lumley 1972), where u′
i,j denote the gradients of the velocity fluctuations.

The gradients in the streamwise direction were determined using Taylor’s hypothesis
together with the local mean velocity. Since the dissipation rate was not fully resolved
(45 % near the core of the pipe), the unresolved dissipation was estimated by the large
eddy (Smagorinsky) model (Sheng, Meng & Fox 2000; Sharp & Adrian 2001; Tokgoz
et al. 2012). The data in figure 7 represent the total dissipation, i.e. the sum of the resolved
and unresolved dissipation.

ht
tp

s:
//

do
i.o

rg
/1

0.
10

17
/jf

m
.2

02
0.

50
3 

Pu
bl

is
he

d 
on

lin
e 

by
 C

am
br

id
ge

 U
ni

ve
rs

ity
 P

re
ss

https://doi.org/10.1017/jfm.2020.503


901 A10-12 M. Gul, G. E. Elsinga and J. Westerweel

−0.4 −0.2 0 0.2 0.4
( y − yi )

0.5

1.0

R(
u yu

y)

−1.0 −0.5 0 0.5 1.0

0.4

0.8

(θ − θi )

lz/rly

(a) (c)

(b) (d)

FIGURE 8. Sketch illustrating how the wall-normal thickness, ly , (a,b) and the spanwise length,
lz, (c,d) of the correlation coefficients are determined using the peak width at R(uyuy) = 0.8.
Dashed lines on the correlation contours indicate the wall-normal (a) and the spanwise (c) centres
of the shear layers where R(uyuy) in (b,d), respectively, was determined; r indicates the distance
of the centre of the averaged shear layers from the core of the pipe.

To check the spanwise width of the shear layers, two-point correlations for the gradient
of the streamwise velocity, R(uyuy) were computed; R(uyuy) can also provide information
about the wall-normal thickness of the shear layers in an average sense. Here, in addition
to correlations conditioned on the wall-normal centres (see § 3.2) of the shear layers (3.1),
general correlations (3.2) conditioned on wall-normal locations irrespective of whether
a shear layer is detected or not were also determined for comparison. For the latter, the
wall-normal locations, yref , correspond to the centre of each bin that the detected shear
layers are grouped into. The subscripts s and ref in (3.1) and (3.2) correspond to the
properties related to the detected shear layers and reference wall locations, respectively.
The overbars, on the other hand, represent conditional averaging over θ and x .

The wall-normal thickness and the spanwise length of these two-point correlations were
quantified based on the peak width at R(uyuy) = 0.8. This threshold is relatively high
to ensure converged results at each wall-normal location and because R does not drop
to zero at large distances but reaches a plateau due to the mean gradient (see figure 8).
The wall-normal thickness of the correlation is determined at the spanwise centre of the
correlation, i.e. (θ − θi = 0) (see figure 8a,b), while the spanwise length is determined at
the wall-normal centre of the correlation coefficient (y − yi = 0) (see figure 8c,d). Here,
θi and yi represent the azimuthal (in terms of angles) and wall-normal locations of the
detected shear, respectively.

R(uyuy,s) = uy(x, ys, z) uy(x, y, z + rz)√
u2

y(ys)

√
u2

y(y)

, (3.1)

R(uyuy,ref ) = uy(x, yref , z) uy(x, y, z + rz)√
u2

y(yref )

√
u2

y(y)

. (3.2)

The resulting width and the spanwise length of the two-point correlations are presented
in figures 9(a) and 9(b), respectively, for several wall-normal locations and for all
Reynolds numbers. Full lines with open symbols correspond to the data conditioned on
the wall-normal centre of the shear layers, while the dashed lines with filled symbols
represent the results for general conditioning on wall-normal location. When the general
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FIGURE 9. Wall-normal thickness, ly , (a) and the spanwise length, lz, (b) as determined from
the peak (see figure 8). Full lines with open symbols are for the correlation conditioned on the
wall-normal centre of the shear layers, and dashed lines with filled symbols are for the general
correlation at reference wall locations. Yellow (diamond), blue (circle), red (triangle) and green
(square) correspond to the flow conditions at Reτ = 340, 752, 999 and 1259, respectively.

conditioning is compared to those for conditioning on the shear layers, a significant
increase in the wall-normal thickness (∼40 %) and the spanwise length (∼50 %) of the
correlation coefficient is observed for the case of the shear layers (see also figure 12b,c).
The shear layers have, therefore, a significantly larger coherence length than can be
expected from general unconditional correlations. On the other hand, although the
presence of the shear layers significantly affects the size of the correlation peaks, the trends
with wall-normal distance are quite similar. For both conditions, the wall-normal widths of
the correlations are proportional to the Reynolds number until the wall-normal position of
y/R ≈ 0.6. Beyond that position, the behaviour reverses. Similar behaviour is observed for
the spanwise length of the correlation coefficients below the same wall-normal position,
i.e. y/R ≈ 0.6, such that the spanwise length is proportional to the Reynolds number.
Beyond this wall-normal location, the spanwise length appears to be independent of the
Reynolds number.

As a final note in this section, the spanwise shape of the shear layers was also
investigated through the two-point correlations for [A]. However, similar results were
obtained as the correlations for the streamwise velocity gradients.

3.4. Shear layers in the streamwise–wall-normal plane
In this section, the shear layers are examined in the streamwise–wall-normal plane. First,
the detected shear layers were grouped according to the wall-normal distance of their
centre as in § 3.2, and then conditional sampling was performed to analyse these structures
in wall-normal–streamwise planes. The conditionally averaged profiles for the streamwise
velocity 〈u〉, wall-normal velocity 〈v〉, turbulent shear stress 〈−u′v′〉 and dissipation rate
〈ε〉, at (x − xi) are shown in figure 10. From the streamwise velocity (a) and dissipation
rate (b) profiles, a significant increase is observed within the averaged layers at each
wall-normal location, the magnitude of which is decreasing towards the core of the pipe.
For the turbulent shear stress profiles (d), on the other hand, a decrease in the magnitude
across the sampled layers is observed. Although these averaged streamwise velocity and
turbulent shear stress profiles in the turbulent pipe flow are consistent with those for
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FIGURE 10. Conditionally sampled streamwise velocity 〈u〉 (a), dissipation 〈ε〉 (b), wall-normal
velocity 〈v〉 (c) and turbulent shear stress 〈−u′v′〉 (d) profiles. The centre of the shear region
is represented by yi, while (y − yi) represents the distance from the centre of the layers in
the wall-normal direction. Shear layers are grouped according to the location of their centres
in the pipe, from 0.1R to 1R with a constant increment of 0.1R. The arrow shows the direction
of the wall (from 1R to 0.1R).

TBLs (e.g. Eisma et al. 2015; Laskari et al. 2018), there is a significant difference in the
trend of the wall-normal velocity profiles. The magnitude of the conditional wall-normal
velocities across the shear layers in these TBL studies keep increasing with wall distance,
whereas similar magnitudes were observed in the pipe flow at each wall-normal position
(figure 10c). This could be explained by the effect of the flow confinement in the pipe flow,
which is different from the TBL.

The jumps in the streamwise velocities are further quantified for each Reτ , and for each
wall-normal bin using a method similar to the one of Chauhan et al. (2014) (figure 11).
The single set and three set results for Reτ = 752 are nearly identical, which implies
that the results appear to be converged. Furthermore, it can be seen that the jumps in
the conditional streamwise velocity profiles at each wall-normal location are very similar
for different Reynolds numbers, except for Reτ = 340 near the wall. This is consistent with
the findings of de Silva et al. (2017), who showed that the velocity jumps across the UMZ
edges within a TBL are independent of the Reynolds number (Reτ = 103–104 in their
study), when scaled by uτ . The present study supports this argument also in a turbulent
pipe flow at much lower Reynolds numbers. Moreover, these jumps are observed to be
strong near the wall and decrease towards the core of the pipe. This is again consistent
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FIGURE 11. (a) Schematic showing how the velocity jumps and thicknesses of the layers
are determined using a method similar to the one of Chauhan et al. (2014). (b) Jumps in
the streamwise velocity profiles at several wall locations, ΔU, which are normalized by uτ .
(c) Thickness of the shear layers at the same wall-normal locations. Yellow (diamond), blue
(circle), red (triangle) and green (square) colours correspond to the flow conditions at i.e.
Reτ = 340, 752, 999 and 1259, respectively. Additionally, filled circles correspond to data with
three independent sets for Reτ = 752.

0.2 0.4 0.6 0.8 1.0
y/R y/R

0

0.5

1.0

1.5

l x/
R

40
60
80

20

40

60

0.2 0.4 0.6 0.8 1.0
20

40

60

δl
x (

%
)

δl
z (

%
)

δl
y (

%
)

(a) (b)

(c)

(d)

FIGURE 12. (a) Streamwise length, lx , of the peak of the correlation coefficients. Full lines with
open symbols are for the correlation conditioned on the wall-normal centre of the shear layers,
and dashed lines with filled symbols are for the general correlation at reference wall locations.
Panels (b–d) show percentage increase in the width of the correlation peaks with the presence of
the shear layers in the wall-normal, spanwise and streamwise directions, respectively.

with the observations in the above mentioned TBL study. Stronger jumps near the wall
for Reτ = 340 can be explained by the low Reynolds number effect, as also observed in a
very recent DNS study (Reτ = 500) of Chen et al. (2020) in a turbulent pipe flow. Based
on the conditional streamwise velocity profiles (figure 10a), the thickness of the layers is
also determined (figure 11). It can be seen that the thickness of the layers is in the range
0.05–0.09R. Note that the normalization does not imply that the thickness scales with R.
The present limited Reynolds number range does not allow for a detailed scaling analysis.

Similar to the previous section, two-point correlations for the gradients of the
streamwise velocity were performed in wall-normal–streamwise planes to determine the
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effect of the shear structures on the streamwise length of the correlation coefficient
peaks. Similar to the thickness and the spanwise length of the correlation peaks, a
significant increase in the streamwise length of the correlation coefficients is visible when
conditioning on the shear layers. When the streamwise length scale determined from the
width of the correlation peaks based on R(uyuy) = 0.8 is compared for all Reτ (figure 12a),
it can be seen that the increase is around 40 % (figure 12d).

4. Edges of UMZs using different orientation of planes

In § 3, the properties of the internal shear layers identified using a 3-D detection scheme
were discussed in detail. The results revealed that these highly dissipative structures are
elongated in both the streamwise and spanwise directions. Furthermore, the internal shear
layers are bounded by large-scale regions of nearly uniform velocities. This strongly
suggest that the shear layers are the edges of the so-called uniform momentum zones.
Therefore, in this section, we detect and analyse the edges of the UMZs for later
comparison with the internal shear layers § 5.

The UMZs are basically large-scale regions identified by employing the histogram
approach of Adrian et al. (2000) and de Silva et al. (2016). With this current work,
we aim to provide a comparison between these two different detection methods for
the shear layers in a statistically steady turbulent pipe flow. In previous studies (e.g.
Kwon et al. 2014; de Silva et al. 2016; Laskari et al. 2018), the edges of the UMZs
were analysed in wall-normal–streamwise planes (and for 2-D data only). Here, the
analysis is extended to other orientations of the planes, i.e. wall-normal–streamwise
versus wall-normal–spanwise planes, when using the histogram method. Furthermore,
with all the UMZ edges determined from the wall-normal–streamwise planes at different
azimuthal positions across the pipe, the cross-stream connectivity of the UMZ edges can
also be explored, which also allows us to assess the consistency of the method.

4.1. Edges of the UMZs in the streamwise–wall-normal plane
In this section, we use the streamwise–wall-normal plane to plot the histogram of the
streamwise velocities, and accordingly detect the continuous edges of the UMZs. The
wall-normal plane extends from y = 0.05R to the core of the pipe (y = R). The streamwise
extent of the plane, on the other hand, is limited to ∼2.2R (explained below) for each flow
condition considered in this section. Since the data were acquired in the cross-section of
the pipe with time-resolved stereoscopic PIV, the streamwise length was reconstructed
using Taylor’s hypothesis with the bulk velocity as the convection velocity. Following de
Silva et al. (2016), the location of an UMZ edge was approximated by the streamwise
velocity contour corresponding to the mid-point between the local peaks in the histogram
of the streamwise velocities. Figure 13(a) shows a sample field of the streamwise velocity
together with the UMZ edges (black lines), and panel (b) shows the corresponding
histogram of the streamwise velocities over this plane. The local peaks on the histogram
correspond to the so-called modal velocities, and the locations of the UMZ edges in (a)
were the mid-point between these modal velocities. The regions demarcated by these
edges, i.e. R1, R2 and R3, are called UMZs, since within each region the magnitude of
streamwise velocity is nearly constant. Note that the histogram of the streamwise velocities
was not much affected by peak locking. Therefore, the raw data without any smoothing
were used throughout § 4.

In this section, all the streamwise velocities over each plane were distributed over 50
histogram bins, which corresponds to a bin size of ∼0.12Ucl for all the cases considered.
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FIGURE 13. (a) Sample instantaneous field of the streamwise velocity, u, normalized by the
central velocity of the pipe, Ucl, together with the detected UMZs and their edges on a
wall-normal–streamwise plane. (b) The corresponding histogram of the streamwise velocities
over the plane shown in (a). R1, R2 and R3 show three different regions with similar velocities
(UMZs), while the black continuous lines in (a) correspond to the mid-points between the peaks
in the p.d.f. as indicated by the dashed lines in (b).

In addition, to correctly identify the modal velocities and accordingly the edges of the
UMZs, the greater of the peaks that were separated by only a single histogram bin was
chosen as the peak, and the smaller one was ignored. Furthermore, peaks whose count
was less than 0.5 % of the total number of the data points in the considered plane were
also ignored to avoid noisy peaks affecting the identification of UMZs close to the wall.
It should also be noted here that the modal velocities are highly dependent on the number
of histogram bins. If the number of bins increases, then more modal velocities and UMZ
edges are identified. However, the locations of the detected UMZ edges become very close
to each other, such that the distance between them becomes less than the thickness of the
shear layers discussed previously.

Another important parameter affecting the number and the location of the UMZ edges
is the streamwise extent of the considered plane. If the streamwise length of the plane
is very long then no separation between the regions of similar velocities occurs, since the
histogram would average to its mean, which is resulting in a single peak. On the other hand,
if the streamwise length is very short then the total number of data points in the plane is not
enough to accurately define the UMZs and their edges. In this study, a streamwise length
(∼2.2R) was chosen after conducting several analyses with different streamwise lengths,
ranging between 1.2R and 2.5R. The results revealed that, although the number density of
the UMZ edges varied with the size of the streamwise distance, the overall statistics were
observed to be almost identical over the ranges considered. Therefore, to have enough
data points for each flow condition, a streamwise length ∼2.2R was employed. This
length corresponds to Δx+ ≈ 752, 1682, 2208 and 2798 for Reτ = 340, 752, 999 and
1259, respectively. Furthermore, there are a total of 52, 384, 180 and 232 independent
streamwise–wall-normal planes for these Reynolds numbers, Reτ = 340, 752, 999 and
1259, respectively. These numbers have been established assuming four azimuthal planes
are independent of each other and considering that the streamwise length of the shear
layers (∼R, see § 3) is shorter than the ∼2.2R streamwise length of each plane, such that
non-overlapping planes in the streamwise direction are independent.

In this section, the azimuthal continuity of the detected modal velocities was also used as
an additional criterion on the peaks of the histogram plots. Compared to the base case (case
A), where no azimuthal condition is applied, for case B only the peaks that also appeared
at least on one of the neighbouring wall-normal–streamwise planes are considered. The
azimuthal spacing between two neighbouring planes is 0.01R (arc length) at the wall,
which is much smaller than the thickness of the internal shear layers. For case C, on the
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FIGURE 14. The p.d.f. of the number of the detected UMZs over the wall-normal–streamwise
planes with case A (a), case B (b) and case C (c). Yellow (diamond), blue (circle), red
(triangle) and green (square) correspond to the flow conditions at Reτ = 340, 752, 999 and 1259,
respectively.
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FIGURE 15. The p.d.f. of the velocities corresponding to the location of the UMZ edges, Ui/Ucl,
(a) and the p.d.f. of the modal velocities, Um/Ucl, (b). Yellow, blue, red and green correspond to
the flow conditions Reτ = 340, 752, 999 and 1259, respectively. Results for case B are presented
here.

other hand, the peaks on the histogram of the base plane were required to repeat on two
other consecutive planes located azimuthally either before or after the current azimuthal
position. Note that, throughout this section, unless otherwise stated, the results using the
first azimuthal criterion (case B) are presented.

Figure 14 shows the resulting p.d.f. of the number of the UMZs in a plane for each
Reynolds number and also for the different azimuthal conditions (cases A, B and C,
mentioned above). It can be seen that the distributions are not very sensitive to the
azimuthal condition. Similar behaviour with respect to the azimuthal condition is also
observed in the p.d.f.s of the velocities corresponding to the location of the identified
UMZ edges, and of the modal velocities. For brevity, only the results for case B are shown
in figure 15. From these plots it can also be seen that a significant number of the velocities
corresponding to the location of the UMZ edges appear around 95 % of the central velocity
of the pipe, Ucl, while the modal velocity p.d.f.s peak at Ucl. Similar behaviour was also
reported previously by Kwon et al. (2014) for a turbulent channel flow using a similar
histogram approach.

Finally, in this section, the UMZ edges detected over the wall-normal–streamwise planes
at each of the azimuthal planes were projected onto the cross-section of the pipe for
each flow condition (figure 16). It can be seen that for the lowest Reynolds number (i.e.
Reτ = 340), the UMZ edges are coherent in the spanwise direction and separating the
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FIGURE 16. The projection of the edges of the UMZs, which were detected using the
streamwise–wall-normal plane, onto the wall-normal–azimuthal plane (black regions) for the
flow conditions Reτ = 340 (a), Reτ = 752 (b), Reτ = 999 (c) and Reτ = 1259 (d). Background
colour shows the instantaneous streamwise velocity field normalized by the central velocity Ucl.

regions of similar velocities in the cross-section of the pipe, in the same way as in the
wall-normal–streamwise planes where they were originally identified. The same applies
to the results obtained at other Reynolds numbers. However, the continuity of the UMZ
edges in the spanwise direction is not as clear as those for Reτ = 340. This is partly due
to the noisy peaks in the histogram at higher Reynolds number, which could be a result of
the decreased spatial resolution in the streamwise direction, hence, a smaller number of
velocity points in a given area. Moreover, the undulation of the velocity contours, hence
UMZ edges, appear at increasingly smaller scale as the Reynolds number increases, which
affects the smoothness of the edge in the spanwise direction.

4.2. Edges of the UMZs in the spanwise–wall-normal plane
In this section, the UMZs and their edges were detected over the cross-section of the pipe.
In this case, the UMZs and their edges were detected using the histogram of the streamwise
velocities in the spanwise–wall-normal plane where the bin size was ∼0.12Ucl. As before,
the locations of the UMZ edges on that plane were identified by considering the mid-point
between the local peaks in the histogram (figure 17). For the histogram peaks that were
separated by a single bin, the greater one was selected as before (§ 4.1).

As can be seen in figure 18(a), similar distribution for the total number of the
UMZs in the cross-section is observed for all the considered flow conditions. These
distributions are also consistent with those, except for Reτ = 340, presented in figure 14
based on the detection in the streamwise–wall-normal plane. Also, the p.d.f.s of the
velocities corresponding to the UMZ edges are quite similar to those obtained in
the streamwise–wall-normal plane (compare figures 18b and 15). Again, the velocities
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FIGURE 17. (a) Sample instantaneous field of the streamwise velocity, u, normalized by the
central velocity of the pipe, Ucl, together with the detected UMZs and their edges on a
wall-normal–spanwise plane. (b) The corresponding histogram of the streamwise velocities over
the plane shown in (a). R1, R2, R3, R4 and R5 show five different regions of similar velocities
(UMZs), while the black continuous lines in (a) correspond to the location of the UMZ edges
determined by the dashed lines in (b).
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FIGURE 18. (a) The p.d.f. of the number of UMZs detected using the spanwise–wall-normal
planes. (b) The p.d.f. of the instantaneous velocities corresponding to the location of the
detected UMZ edges. Yellow (diamond), blue (circle), red (triangle) and green (square) symbols
correspond to the flow conditions Reτ = 340, 752, 999 and 1259, respectively.

corresponding to the UMZ edges are mostly appearing around 95 %Ucl, bounding the
relatively less turbulent core region of the pipe.

Note that the UMZs are continuous by the definition of their edges as iso-contours of
streamwise velocity. Each UMZ exists all the way around the circumference, because the
associated velocity contours do. The latter is not surprising. The former (UMZs spanning
the circumference) may be considered dubious, which would imply that the commonly
used UMZ detection method is problematic. Nevertheless, the p.d.f. method is adopted for
consistency with the existing literature. Furthermore, the method is suitable for showing
that shear layers are found at the edges of large, nearly uniform, momentum regions
(see § 5).

5. Comparison of the UMZ edges and the shear layers

In this part, the edges of the UMZs and the identified shear layers are compared
both visually and quantitatively. Figures 19 and 20 provide a visual comparison of the
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FIGURE 19. Comparison of the shear layers detected using the 3-D method (black regions),
edges of the UMZs defined using the wall-normal–spanwise planes (black contour lines) and
the projection of the UMZ edges identified over the wall-normal–streamwise planes (magenta
regions). Panels (a–d) show different combinations of the UMZ edges and the shear layers
for better comparison. Results correspond to the flow condition at Reτ = 340, and background
colour map shows the instantaneous streamwise velocity normalized by Ucl.

UMZ edges detected using a different orientation of the planes and the shear layers.
These figures present the results for Reτ = 340 and for Reτ = 752, respectively, to allow
for comparison between two different Reynolds numbers. From the contour plots in
figures 19(b) and 20(b), it can be seen that the shear layers appear on the continuous edges
of the UMZs which were detected using the cross-section p.d.f. (wall-normal–spanwise
plane). Although the shear layers are not fully connected in the azimuthal direction as
are the UMZ edges, they have a significant azimuthal length. Note that the UMZs are
by their definition as velocity contours. When the UMZ edges that were detected from
wall-normal–streamwise planes are compared with the shear layers (see figures 19c and
20c), it can also be seen that they correspond mostly to the regions of intense shear.
Furthermore, the azimuthal extent of the densely populated regions of the UMZ edges
(magenta) is seen to be comparable to the azimuthal length of the shear layers.

Based on the visualizations it appears that the shear layers coincide with the edges
of the UMZs, similar to the observations in previous studies (Meinhart & Adrian 1995;
Adrian et al. 2000; Eisma et al. 2015). This correspondence is quantified by considering
the distance from the core of a shear region to the nearest edge of the UMZs (defined
over the wall-normal–streamwise plane). It is found that this distance is less than 0.035R
(figure 21a), which is smaller than the thickness of the shear layers (∼0.07R, see
figure 11c). When the locations of the core of the shear layers are compared with those of
the UMZ edges defined over the cross-section of the pipe, it can be seen that all the shear
layers reside in close proximity to these UMZ edges; see figure 21(b). For the distance
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FIGURE 20. Comparison of the shear layers detected using the 3-D method (black regions),
edges of the UMZs defined using the wall-normal–spanwise planes (black contour lines) and
the projection of the UMZ edges identified over the wall-normal–streamwise planes (magenta
regions). Panels (a–d) show different combinations of the UMZ edges and the shear layers
for better comparison. Results correspond to the flow condition at Reτ = 752, and background
colour map shows the instantaneous streamwise velocity normalized by Ucl.

between the UMZ edges determined over the two different orientations of planes, it can be
seen in figure 21(c) that the distance is greater than in the previous two cases. These results
show that the shear layers detected by the 3-D method have a very good overlap with the
UMZ edges detected by the histogram method. However, the reverse is not the case. This
is obvious for the UMZ edges determined from the cross-section of the pipe, since the
shear layers are not continuous in the azimuthal direction. For the UMZ edges determined
from the wall-normal–streamwise planes, these UMZ edges do not always correspond to a
detected shear layer. It should also be noted that the results are quite similar over the range
of the Reynolds numbers considered.

Finally, when the p.d.f. of the number of the UMZs that were determined based on
the occurrence of the shear layers (figure 21d) is compared with those in figures 14 and
18(a), a very similar distribution was found. Here, the UMZs were defined according
to the wall-normal centre of the detected shear layers as in § 3.2. These results also
suggest that the distribution for the number of the UMZs does not change significantly
with Reynolds number in a turbulent pipe flow; at least within the range of the Reynolds
numbers considered in this study, no significant variation was found. However, it should
be noted that the range of Reynolds number in the present study is small. The number
distribution of UMZs with Reynolds number was investigated before by de Silva et al.
(2016) in a TBL, and they found a log linear increase of the number of the UMZs with
Reynolds number. In their study, a larger range of Reynolds number, Reτ = 103–104, was
investigated. As a final note in this section, the number distribution of the UMZs found
in this study is very similar to the one reported very recently by Chen et al. (2020) in a
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FIGURE 21. The p.d.f. of the distance of the core of the shear layers from the UMZ
edges of the UMZs defined using the wall-normal–streamwise planes (a) and using the
wall-normal–spanwise planes (b). (c) The p.d.f. of the distance of the UMZ edges determined
in wall-normal–streamwise planes to the UMZ edges detected using the wall-normal–spanwise
planes. (d) The p.d.f. of the number of UMZs which were determined based on the occurrence
of shear layers at each spanwise and streamwise direction. Yellow (diamond), blue (circle), red
(triangle) and green (square) correspond to the flow conditions Re = 340, 752, 999 and 1259,
respectively.

turbulent pipe flow at Reτ = 500, where the UMZs were determined using 3-D volumetric
data.

6. Conclusions

In this paper, a comprehensive analysis is presented of the properties of the internal
shear layers and the edges of the UMZs in a turbulent pipe flow. The experimental datasets
used were acquired with time-resolved stereoscopic PIV in the cross-section of the pipe for
four different Reynolds numbers, Reτ = 340, 752, 999 and 1259. For each flow condition,
the shear layers were detected using the method of Horiuti & Takagi (2005), which enabled
us to investigate the 3-D features of these structures. The UMZs and their edges, on the
other hand, were determined using the histogram method following de Silva et al. (2016).

Visual examples of the shear layers together with the corresponding instantaneous
velocity fields showed clearly observable regions of similar streamwise velocities
bounded by the detected shear layers both in the spanwise–wall-normal and stream
wise–wall-normal planes. In particular, the core region of the pipe, which had relatively
low turbulence, was seen to be bounded by the layers. Also, the shear layers were
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observed to be elongated in the streamwise directions (∼R), and they appear arc-like in
the cross-sectional planes.

The conditional mean flow around the shear layers revealed a low-speed region
beneath the average shear layers. This low momentum flow was associated with positive
wall-normal velocity fluctuations, and surrounded by two oppositely rotating swirling
motions on either side in the azimuthal direction. The shear layers were observed to
be stretched in the azimuthal direction by two oppositely signed secondary motions,
keeping the layers thin in the wall-normal direction. These findings are consistent with
the conceptual picture of Adrian et al. (2000) in the sense that uniform low-speed regions
are separated from other flow regions by strong vorticity, either in the form of shear layers,
hairpins or both, and support the connection between the shear layers and the hairpin
structures.

Moreover, conditional averaging across the detected shear layers revealed significant
jumps in the flow properties (e.g. turbulent shear stress, streamwise and wall-normal
velocities) occurring in the wall-normal direction. Furthermore, these shear layer regions
are highly dissipative.

Further analysis on the shear layers was performed through two point spatial correlations
to reveal if and how much they affect the surrounding flow in an average sense. The
two-point correlations were conditioned on the wall-normal centre of the shear layers,
where the shear layers were grouped into according to their wall-normal centre. For
comparison, general correlations (i.e. not conditioned on shear layers) were also evaluated
for a given wall-normal reference position. The resulting correlations revealed that the
shear layers significantly affect the average size of the correlation peaks in all directions.
Moreover, it was seen that the streamwise length of the structures are of the same order
as the large-scale motions, which support the argument that the shear layers are bounding
the large-scale motions, i.e. UMZs.

In the second part of the work, the continuous edges of UMZs were detected using
the histogram method. The histogram approach has been frequently employed in the
literature. However, the analysis has been limited to the wall-normal–streamwise planes at
a single spanwise position, over which the histogram is constructed using the streamwise
velocity information. Therefore, the spanwise length of the UMZ edges could not be
obtained. With the current work, on the other hand, the UMZ edges that were obtained
over the wall-normal–streamwise planes at each azimuthal position were projected onto
the cross-section of the pipe. With this approach, the spanwise extent of the UMZ edges
could be visualized. The results showed that the UMZ edges appear to be coherent
in the spanwise direction (when the densely populated regions of the UMZ edges are
considered).

Furthermore, different than in previous studies, the wall-normal–spanwise plane was
also used to investigate the UMZ edges in the cross-section of the pipe. The histogram
analysis revealed UMZ edges that are similar to the findings based on the histograms from
the wall-normal–streamwise planes. In the last part of this work, the UMZ edges defined
using the histogram approach with two different orientations of the planes were compared
with each other, as well as the shear layers that were detected using the 3-D method. Both
visual results and the quantitative analysis showed that the detected shear layers coincide
with the UMZ edges, such that the distance of the core of the shear layers from the UMZ
edges defined in the cross-section of the pipe was found to be much smaller than the
thickness of the shear layers. However, since the spanwise and streamwise lengths of the
intense shear regions do not appear as long as the UMZ edges, which is partly explained
by the different nature of their detection methods, the reverse does not hold: the detected
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UMZ edges through the histogram method do not always appear to overlap with the shear
layers as defined by the 3-D method.

Acknowledgements

This work is part of the research programme of the Foundation for Fundamental
Research on Matter (FOM), which is part of the Netherlands Organisation for Scientific
Research (NWO).

Declaration of interests

The authors report no conflict of interest.

REFERENCES

ADRIAN, R. J., MEINHART, C. D. & TOMKINS, C. D. 2000 Vortex organization in the outer region of
the turbulent boundary layer. J. Fluid Mech. 422, 1–54.

AHN, J., LEE, J. H., LEE, J., HOON KANG, J. & SUNG, H. J. 2015 Direct numerical simulation of a 30R
long turbulent pipe flow at Reτ = 3008. Phys. Fluids 27, 065110.

DEL ALAMO, J. C. & JIMÉNEZ, J. 2003 Spectra of the very large anisotropic scales in turbulent channels.
Phys. Fluids 15, L41–L44.

ANKIT, A. & WILLIAM, A. 2018 Numerical study of turbulent channel flow perturbed by spanwise
topographic heterogeneity: amplitude and frequency modulation within low- and high-momentum
pathways. Phys. Rev. Fluids 3, 044602.

BAARS, W. J., HUTCHINS, N. & MARUSIC, I. 2017 Reynolds number trend of hierarchies and scale
interactions in turbulent boundary layers. Phil. Trans. R. Soc. Lond. A 375, 20160077.

BAILEY, S. C. C., HULTMARK, M., SMITS, A. J. & SCHULTZ, M. P. 2008 Azimuthal structure of
turbulence in high Reynolds number pipe flow. J. Fluid Mech. 615, 121–138.

BALAKUMAR, B. J. & ADRIAN, R. J. 2007 Large- and very-large-scale motions in channel and
boundary-layer flows. Phil. Trans. R. Soc. Lond. A 365, 665–681.

BLACKWELDER, R. F. & KOVASZNAY, L. S. G. 1972 Large-scale motion of a turbulent boundary layer
during relaminarization. J. Fluid Mech. 53, 61–83.

BRADSHAW, P. 1967 The turbulence structure of equilibrium boundary layers. J. Fluid Mech. 29, 625–645.
BULLOCK, K. J., COOPER, R. E. & ABERNATHY, F. H. 1978 Structural similarity in radial correlations

and spectra of longitudinal velocity fluctuations in pipe flow. J. Fluid Mech. 88, 585–608.
CHAUHAN, K., PHILIP, J., DE SILVA, C. M., HUTCHINS, N. & MARUSIC, I. 2014 The

turbulent/non-turbulent interface and entrainment in a boundary layer. J. Fluid Mech. 742, 119–151.
CHEN, X. C., YONGMANN, M. & WAN, M. 2020 Uniform-momentum zones in a turbulent pipe flow.

J. Fluid Mech. 884, A25.
VAN DOORNE, C. W. H. & WESTERWEEL, J. 2007 Measurement of laminar, transitional and turbulent

pipe flow using stereoscopic-PIV. Exp. Fluids 42, 259–279.
EISMA, J. 2017 Pollutant dispersion in wall-bounded turbulent flows: an experimental assessment. PhD

thesis, Delft University of Technology.
EISMA, J., WESTERWEEL, J., OOMS, G. & ELSINGA, G. E. 2015 Interfaces and internal layers in a

turbulent boundary layer. Phys. Fluids 27, 055103.
ELSINGA, G. E., ADRIAN, R. J., OUDHEUSDEN, B. W. & SCARANO, F. 2010 Three-dimensional vortex

organization in a high-Reynolds-number supersonic turbulent boundary layer. J. Fluid Mech. 644,
35–60.

ELSINGA, G. E., ISHIHARA, T., GOUDAR, M. V., DA SILVA, C. B. & HUNT, J. C. R. 2017 The scaling
of straining motions in homogeneous isotropic turbulence. J. Fluid Mech. 829, 31–64.

GANAPATHISUBRAMANI, B., HUTCHINS, N., MONTY, J. P., CHUNG, D. & MARUSIC, I. 2012
Amplitude and frequency modulation in wall turbulence. J. Fluid Mech. 712, 61–91.

GANAPATHISUBRAMANI, B., LONGMIRE, E. K. & MARUSIC, I. 2003 Characteristics of vortex packets
in turbulent boundary layers. J. Fluid Mech. 478, 35–46.

ht
tp

s:
//

do
i.o

rg
/1

0.
10

17
/jf

m
.2

02
0.

50
3 

Pu
bl

is
he

d 
on

lin
e 

by
 C

am
br

id
ge

 U
ni

ve
rs

ity
 P

re
ss

https://doi.org/10.1017/jfm.2020.503


901 A10-26 M. Gul, G. E. Elsinga and J. Westerweel

GRANT, H. L. 1958 The large eddies of turbulent motion. J. Fluid Mech. 4, 149–190.
GUALA, M., HOMMEMA, S. E. & ADRIAN, R. J. 2006 Large-scale and very-large-scale motions in

turbulent pipe flow. J. Fluid Mech. 554, 521–542.
GUALA, M., METZGER, M. & MCKEON, B. J. 2011 Interactions within the turbulent boundary layer at

high Reynolds number. J. Fluid Mech. 666, 573–604.
GÜL, M. 2019 Experimental investigation of turbulence in canonical wall bounded flows: pipe flow and

taylor-couette flow. PhD thesis, Delft University of Technology.
HORIUTI, K. & TAKAGI, Y. 2005 Identification method for vortex sheet structures in turbulent flows. Phys.

Fluids 17, 121703.
HUTCHINS, N. & MARUSIC, I. 2001 Large-scale influences in near-wall turbulence. Phil. Trans. R. Soc.

Lond. A 365, 647–664.
HUTCHINS, N. & MARUSIC, I. 2007 Evidence of very long meandering features in the logarithmic region

of turbulent boundary layers. J. Fluid Mech. 579, 1–28.
ISHIHARA, T., KANEDA, Y. & HUNT, J. C. R. 2013 Thin shear layers in high Reynolds number

turbulence-DNS results. Flow Turbul. Combust. 91, 895–929.
JODAI, Y. & ELSINGA, G. E. 2016 Experimental observation of hairpin auto-generation events in a

turbulent boundary layer. J. Fluid Mech. 795, 611–633.
KIM, K. C. & ADRIAN, R. J. 1999 Very large-scale motion in the outer layer. Phys. Fluids 11, 417–422.
KWON, Y. S., PHILIP, J., DE SILVA, C. M., HUTCHINS, N. & MONTY, J. P. 2014 The quiescent core of

turbulent channel flow. J. Fluid Mech. 751, 228–254.
LASKARI, A., DE KAT, R., HEARST, R. J. & GANAPATHISUBRAMANI, B. 2018 Time evolution of

uniform momentum zones in a turbulent boundary layer. J. Fluid Mech. 842, 554–590.
LEE, J., AHN, J. & SUNG, H. J. 2015 Comparison of large- and very-large-scale motions in turbulent pipe

and channel flows. Phys. Fluids 27, 025101.
LIU, Z., ADRIANAND, R. J. & HANRATTY, T. J. 2001 Large-scale modes of turbulent channel flow:

transport and structure. J. Fluid Mech. 448, 53–80.
MACIEL, Y., ROBITAILLE, M. & RAHGOZAR, S. 2012 A method for characterizing cross-sections of

vortices in turbulent flows. Intl J. Heat Fluid Flow 37, 177–188.
MATHIS, R., HUTCHINS, N. & MARUSIC, I. 2009 Large-scale amplitude modulation of the small-scale

structures in turbulent boundary layers. J. Fluid Mech. 628, 311–337.
MEINHART, C. D. & ADRIAN, R. J. 1995 On the existence of uniform momentum zones in a turbulent

boundary layer. Phys. Fluids 7, 694–696.
MONTY, J. P., HUTCHINS, N., NG, H. C. H., MARUSIC, I. & CHONG, M. S. 2009 A comparison of

turbulent pipe, channel and boundary layer flows. J. Fluid Mech. 632, 431–442.
MONTY, J. P., STEWART, J. A., WILLIAMS, R. C. & CHONG, M. S. 2007 Large-scale features in

turbulent pipe and channel flows. J. Fluid Mech. 589, 147–156.
PERRY, A. E. & ABELL, C. J. 1975 Scaling laws for pipe-flow turbulence. J. Fluid Mech. 67, 257–271.
ROBINSON, S. K. 1991 Coherent motions in the turbulent boundary layer. Annu. Rev. Fluid Mech. 23,

601–639.
SHARP, K. V. & ADRIAN, R. J. 2001 PIV study of small-scale flow structure around a rushton turbine.

AIChE J. 4, 766–778.
SHENG, S. J., MENG, H. & FOX, R. O. 2000 A large eddy PIV method for turbulence dissipation rate

estimation. Chem. Engng Sci. 20, 4423–4434.
DE SILVA, C. M., HUTCHINS, N. & MARUSIC, I. 2016 Uniform momentum zones in turbulent boundary

layers. J. Fluid Mech. 786, 309–331.
DE SILVA, C. M., PHILIP, J., HUTCHINS, N. & MARUSIC, I. 2017 Interfaces of uniform momentum zones

in turbulent boundary layers. J. Fluid Mech. 820, 451–478.
TAYLOR, G. I. 1938 The spectrum of turbulence. Proc. R. Soc. Lond. A 164, 476–490.
TENNEKES, H. & LUMLEY, J. L. 1972 A First Course in Turbulence. MIT.
TOKGOZ, S., ELSINGA, G. E., DELFOS, R. & WESTERWEEL, J. 2012 Spatial resolution and dissipation

rate estimation in Taylor–Couette flow for tomographic PIV. Exp. Fluids 53, 561–583.
TOMKINS, C. D. & ADRIAN, R. J. 2003 Spanwise structure and scale growth in turbulent boundary layers.

J. Fluid Mech. 490, 37–74.

ht
tp

s:
//

do
i.o

rg
/1

0.
10

17
/jf

m
.2

02
0.

50
3 

Pu
bl

is
he

d 
on

lin
e 

by
 C

am
br

id
ge

 U
ni

ve
rs

ity
 P

re
ss

https://doi.org/10.1017/jfm.2020.503


Internal shear layers and edges of uniform momentum zones 901 A10-27

DEN TOONDER, J. M. J. & NIEUWSTADT, F. T. M. 1997 Reynolds number effects in a turbulent pipe flow
for low to moderate Re. Phys. Fluids 9, 3398–3409.

TOWNSEND, A. A. 1961 Equilibrium layers and wall turbulence. J. Fluid Mech. 11, 97–120.
WEI, L., ELSINGA, G. E., BRETHOUWER, G., SCHLATTER, P. & JOHANSSON, A. V. 2014 Universality

and scaling phenomenology of small-scale turbulence in wall-bounded flows. Flow Turbul. Combus.
26, 035107.

WIENEKE, B. 2005 Stereo-PIV using self-calibration on particle images. Exp. Fluids 39, 267–280.
WORTH, N. A. & NICKELS, T. B. 2011 Some characteristics of thin shear layers in homogeneous turbulent

flow. Phil. Trans. R. Soc. Lond. A 369 (1937), 709–722.
WU, X., BALTZER, J. R. & ADRIAN, R. J. 2012 Direct numerical simulation of a 30R long turbulent pipe

flow at R+ = 685: large- and very large-scale motions. J. Fluid Mech. 698, 235–281.
YANG, J., HWANG, J. & SUNG, H. J. 2016 Structural organization of the quiescent core region in a

turbulent channel flow. Intl J. Heat Fluid Flow 62, 455–463.

ht
tp

s:
//

do
i.o

rg
/1

0.
10

17
/jf

m
.2

02
0.

50
3 

Pu
bl

is
he

d 
on

lin
e 

by
 C

am
br

id
ge

 U
ni

ve
rs

ity
 P

re
ss

https://doi.org/10.1017/jfm.2020.503

	1 Introduction
	2 Experimental set-up and datasets
	3 Properties of internal shear layers based on a 3-D detection method
	3.1. Detection of the shear layers
	3.2. Three-dimensional features of the detected shear layers
	3.3. Shear layers in the spanwise--wall-normal plane
	3.4. Shear layers in the streamwise--wall-normal plane

	4 Edges of UMZs using different orientation of planes
	4.1. Edges of the UMZs in the streamwise--wall-normal plane
	4.2. Edges of the UMZs in the spanwise--wall-normal plane

	5 Comparison of the UMZ edges and the shear layers
	6 Conclusions
	References


<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles false
  /AutoRotatePages /None
  /Binding /Left
  /CalGrayProfile (Dot Gain 20%)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (U.S. Web Coated \050SWOP\051 v2)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Error
  /CompatibilityLevel 1.3
  /CompressObjects /Tags
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJobTicket false
  /DefaultRenderingIntent /Default
  /DetectBlends true
  /DetectCurves 0.1000
  /ColorConversionStrategy /LeaveColorUnchanged
  /DoThumbnails false
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams true
  /MaxSubsetPct 100
  /Optimize false
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage false
  /PreserveDICMYKValues true
  /PreserveEPSInfo false
  /PreserveFlatness true
  /PreserveHalftoneInfo false
  /PreserveOPIComments false
  /PreserveOverprintSettings true
  /StartPage 1
  /SubsetFonts true
  /TransferFunctionInfo /Remove
  /UCRandBGInfo /Remove
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 150
  /ColorImageMinResolutionPolicy /OK
  /DownsampleColorImages true
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 300
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages true
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /ColorImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 150
  /GrayImageMinResolutionPolicy /OK
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 300
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /GrayImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 400
  /MonoImageMinResolutionPolicy /OK
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 1200
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile (None)
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /CreateJDFFile false
  /Description <<
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000410064006f006200650020005000440046002065876863900275284e8e9ad88d2891cf76845370524d53705237300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef69069752865bc9ad854c18cea76845370524d5370523786557406300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /DAN <>
    /DEU <>
    /ESP <>
    /FRA <>
    /ITA <>
    /JPN <FEFF9ad854c18cea306a30d730ea30d730ec30b951fa529b7528002000410064006f0062006500200050004400460020658766f8306e4f5c6210306b4f7f75283057307e305930023053306e8a2d5b9a30674f5c62103055308c305f0020005000440046002030d530a130a430eb306f3001004100630072006f0062006100740020304a30883073002000410064006f00620065002000520065006100640065007200200035002e003000204ee5964d3067958b304f30533068304c3067304d307e305930023053306e8a2d5b9a306b306f30d530a930f330c8306e57cb30818fbc307f304c5fc59808306730593002>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020ace0d488c9c80020c2dcd5d80020c778c1c4c5d00020ac00c7a50020c801d569d55c002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken die zijn geoptimaliseerd voor prepress-afdrukken van hoge kwaliteit. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /PTB <>
    /SUO <>
    /SVE <>
    /ENU (Use these settings to create Adobe PDF documents best suited for high-quality prepress printing.  Created PDF documents can be opened with Acrobat and Adobe Reader 5.0 and later.)
  >>
  /Namespace [
    (Adobe)
    (Common)
    (1.0)
  ]
  /OtherNamespaces [
    <<
      /AsReaderSpreads false
      /CropImagesToFrames true
      /ErrorControl /WarnAndContinue
      /FlattenerIgnoreSpreadOverrides false
      /IncludeGuidesGrids false
      /IncludeNonPrinting false
      /IncludeSlug false
      /Namespace [
        (Adobe)
        (InDesign)
        (4.0)
      ]
      /OmitPlacedBitmaps false
      /OmitPlacedEPS false
      /OmitPlacedPDF false
      /SimulateOverprint /Legacy
    >>
    <<
      /AddBleedMarks false
      /AddColorBars false
      /AddCropMarks false
      /AddPageInfo false
      /AddRegMarks false
      /ConvertColors /ConvertToCMYK
      /DestinationProfileName ()
      /DestinationProfileSelector /DocumentCMYK
      /Downsample16BitImages true
      /FlattenerPreset <<
        /PresetSelector /MediumResolution
      >>
      /FormElements false
      /GenerateStructure false
      /IncludeBookmarks false
      /IncludeHyperlinks false
      /IncludeInteractive false
      /IncludeLayers false
      /IncludeProfiles false
      /MultimediaHandling /UseObjectSettings
      /Namespace [
        (Adobe)
        (CreativeSuite)
        (2.0)
      ]
      /PDFXOutputIntentProfileSelector /DocumentCMYK
      /PreserveEditing true
      /UntaggedCMYKHandling /LeaveUntagged
      /UntaggedRGBHandling /UseDocumentProfile
      /UseDocumentBleed false
    >>
  ]
>> setdistillerparams
<<
  /HWResolution [2400 2400]
  /PageSize [612.000 792.000]
>> setpagedevice


