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The synchronisation of intense vorticity in
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The dynamics of intense vorticity is investigated by means of synchronisation experiments
in direct numerical simulations of isotropic turbulence. By imposing similar dynamics
above the dissipative range, the same structures of intense vorticity appear in two
independent turbulent flows, showing that intense vorticity synchronises to large-scale
dynamics. Remarkably, this synchronisation takes place despite the presence of chaos,
and affects mostly the intense vorticity, but not so much the weak vorticity background,
which remains comparatively asynchronous. These results pinpoint the role of large-scale
dynamics in the formation of intense vorticity structures, the so-called ‘worms’, and rule
out the possibility that they emerge primarily due to interactions within the dissipative
range, and then grow or coalesce into elongated structures. The stretching of the vorticity
vector by the large-scale rate-of-strain tensor is identified as the mechanism responsible for
the synchronisation of intense vorticity, supporting the extended view of vortex stretching
as a fundamental inter-scale mechanism in turbulence.
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1. Introduction

A striking feature of chaotic dissipative systems such as turbulence is the spontaneous
emergence of coherent structures, which appear as well-defined and traceable objects
in the obscure collection of chaotic interactions. A paramount example in turbulent
flows is the presence of long-lived coherent ‘worms’ or ‘sinews’ of intense vorticity.
These structures have a relevant impact on turbulence statistics (Pumir 1994; Toschi &
Bodenschatz 2009), and on diverse phenomena such as cavitation or clustering (Bappy
et al. 2020; Mathai, Lohse & Sun 2020). Since they were first detected in direct numerical
simulations (Siggia 1981; She, Jackson & Orszag 1990) and experiments (Douady, Couder
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& Brachet 1991; Cadot, Douady & Couder 1995), researchers have striven to explain
their origin and quantify their relevance to turbulence theory, but to date no consensus
exists. Frisch (1995) described this problem in terms of whether intense vortices are the
‘dog’ or the ‘tail’ of turbulence, i.e a relevant feature of turbulent flows with dynamical
significance, or just the byproduct of other underlying turbulent processes, with reduced
influence on the overall dynamics.

Understanding the mechanisms by which intense vorticity structures are generated and
controlled is essential to assess their relevance to turbulence dynamics. Diverse physical
mechanisms (Vincent & Meneguzzi 1994; Passot et al. 1995) and simplified models
(Burgers 1948; Pullin & Saffman 1998) have been proposed to explain their origin, but
none are fully consistent with the empirical evidence. On a fundamental basis, the vorticity
equation points directly to the interaction with the rate-of-strain tensor, the so-called
vortex stretching mechanism, as the cause for the generation of intense vorticity. Despite
extensive research focused on the characterisation of vortex stretching, the causal relations
that drive this mechanism are not well understood due to its nonlinear and non-local nature
(Ohkitani & Kishiba 1995).

Two of the most intriguing aspects of intense vortices are their disparity of scales and
the scaling of their circulation. They have radii of the order of Kolmogorov units, but
lengths that reach up to the inertial – or even integral – scales, and their circulation
scales with the root-mean-square of the velocity fluctuations and the Kolmogorov length
scale (Jiménez et al. 1993). These observations suggest that large and small scales are
involved in their dynamics, but it remains unclear which scales control their formation
and evolution. There is evidence that points in the direction of a top-down mechanism
controlled by large scales. Locally, the vorticity vector aligns predominantly with the
intermediate eigenvector of the rate-of-strain tensor (Ashurst et al. 1987). However, when
the rate-of-strain tensor is filtered, vorticity predominantly aligns with the most stretching
direction (Leung, Swaminathan & Davidson 2012; Lozano-Durán, Holzner & Jiménez
2016), suggesting that large scales are actively involved in the dynamics of the vorticity
vector. On the other hand, the scale of the worms’ radii and the dominant amplification of
vorticity by the rate-of-strain tensor in the dissipative scales challenge this scenario. This
evidence suggests a bottom-up process in which structures of intense vorticity may first
be originated by interactions within the dissipative range, and then grow or coalesce into
elongated tubes that reach up to inertial or integral scales (Jiménez et al. 1993).

Inthispaper,weshedlightonthedynamicsof intensevorticitybymeansofsynchronisation
experiments in direct numerical simulations of isotropic turbulence. These numerical
experimentsdisentanglethecausalrelationsbetweenthevorticityvectorandtherate-of-strain
tensor, and confirm the relevant role of large-scale dynamics in generating and controlling
intense vortices. Our results discard the view that they emerge primarily from small-scale
dynamics, and connect their evolution to scales at the end of the inertial range.

2. Synchronisation experiments in isotropic turbulence

2.1. Complete synchronisation in the dissipative range
The synchronisation of chaotic systems is a well-known and widely studied phenomenon
with important consequences and applications in the natural sciences and engineering
(Pecora & Carroll 1990). See Di Leoni, Mazzino & Biferale (2020) for a recent application
to turbulence. In general, two or more chaotic systems are said to be synchronised when
all, or some, of their state variables evolve towards a common spatio-temporal pattern
under the action of a driving force or coupling. In particular, the synchronisation is said
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Synchronisation of intense vorticity in turbulence

to be complete when the driven systems evolve towards the same states regardless of their
initial conditions. As first shown by Yoshida, Yamaguchi & Kaneda (2005), and later by
Lalescu, Meneveau & Eyink (2013), homogeneous turbulence is a complex phenomenon
that exhibits the complete synchronisation of the dissipative scales when driven by similar
large-scale dynamics.

These synchronisation experiments are conducted as follows. We consider the
incompressible Navier–Stokes equations in a triply periodic cubic domain, which describe
the evolution of homogeneous isotropic turbulence,

∂tu + u · ∇u = −∇p + ν∇2u + f , (2.1)

where u = {ui} is the velocity vector, p is the kinematic pressure that ensures
incompressibility, ∇ · u = 0, ν is the kinematic viscosity and f is a solenoidal body force
that sustains turbulence by acting only on the large scales of the flow. We project these
equations on a truncated Fourier basis,

(∂t + νk2)û(k) = L̂(k; u) + f̂ (k), (2.2)

where the hat denotes variables in Fourier space, L = −u · ∇u − ∇p and k is the
wavenumber vector, with k its magnitude.

We now consider three different systems with similar physical parameters integrated in
parallel simulations: a master system, uM , and two slave systems, uA and uB. Hereafter, we
use the superscripts to distinguish quantities in the different systems. The master system
is a standard direct numerical simulation, while to the slave systems we continuously
assimilate the large scales of the master system. At each time step of the simulation, we
copy the data from the master to the two slave systems for modes below a prescribed
wavenumber ka, so that at all times

ûA,B(k) = ûM(k), if k < ka. (2.3)

This procedure, known as data assimilation, can be described in terms of a filtering
operation using a high-pass sharp Fourier filter with cutoff wavenumber ka,

G(k; ka) = 0, if k ≤ ka,

G(k; ka) = 1, if k > ka,

}
(2.4)

which decomposes the flow field into û = ûl + ûs, where ûs(k) = û(k)G(k; ka) and
ûl(k) = û(k) − ûs(k) are the small- and large-scale velocity fields, respectively.

The evolution equation of the slave system ‘A’ (or slave system ‘B’) is given by

∂tûA
l (k) = ∂tûM

l (k),

(∂t − νk2)ûA
s (k) = G(k; ka)L̂(k; uA

l + uA
s ),

}
(2.5)

where the master system drives the slave system through the actions of the
nonlinear interactions present in L. The initial conditions of the slave systems
satisfy uA

l (k; t0) = uB
l (k; t0) = uM

l (k; t0), and uA
s (k; t0) and uB

s (k; t0) are independent
small-scale velocity fields. Considering ka as a proxy for the assimilation scale, �a = π/ka,
the flow at scales above �a in the slave systems is always similar to that in the master
system due to the assimilation procedure, while the flow below �a evolves ‘freely’ under
the Navier–Stokes equations.

When �a < 16η (thus kaη > 0.2), where η = (ν3/〈ε〉4)1/4 is the Kolmogorov length
scale and 〈ε〉 is the ensemble-averaged kinetic energy dissipation, the slave systems
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synchronise completely and |ûB − ûA| → 0 when t → ∞ regardless of the initial
conditions in the small scales of the slave systems. Lalescu et al. (2013) report total
synchronisation for kaη > 0.15, but their experiments are anisotropic in the large scales
and prone to bursting.

We stress the dynamical interpretation of synchronisation: at scales below �a = 16η,
chaos is totally constrained by viscosity, and the dynamics is driven by scales above.
Synchronisation experiments provide a framework to identify the sufficient causes of the
synchronised events. The evolution of scales below 16η can be fully reconstructed with the
information of scales above, while the opposite is in general not true, evidencing a strong
causal connection from scales above 16η to scales below.

2.2. Partial synchronisation above the dissipative range
In this work we reproduce and extend the numerical experiments of Yoshida et al. (2005)
for assimilation scales larger than 16η, when synchronisation is only partial and the slave
systems develop their own chaotic dynamics. As we will show, synchronicity is still
relevant in some parts of the slave systems, pointing to the events that are caused by scales
above the assimilation scale.

We consider fully developed isotropic turbulence at two different Reynolds numbers of
the master system, Reλ = u′λ/ν = 120 and 195, where λ = (15ν/〈ε〉)1/2u′ is the Taylor
microscale, u′ is the root-mean-square velocity fluctuation and ε = ν

∑
k k2ûû∗ is the

instantaneous volume-averaged energy dissipation rate. The angular brackets denote the
ensemble average and the asterisk indicates the complex conjugate. These Reynolds
numbers are simulated on cubic grids with N3 = 2563 and 5123 points, and all simulations
are run at a fixed resolution of kmaxη = 2.0, where kmax = (

√
2/3)N is the maximum

wavenumber magnitude. Further details of the code are described in Cardesa, Vela-Martín
& Jiménez (2017).

We explore the partial synchronisation of the slave systems for �a between 20η and
40η. For each different assimilation scale and Reynolds number, we have run simulations
for a time of approximately 20Teto, where Teto = L/u′ is the eddy turnover time and L =
(π/K)

∑
k k−1E(k) is the integral scale. Here E(k) = 2πk2〈ûû∗〉k is the kinetic energy

spectrum, 〈·〉k denotes average over time and over wavenumber shells of radius k, and
K = ∑

k E(k). For statistical analysis, we have collected between 20 and 100 independent
velocity fields for each case, which are enough to converge the statistics.

In these experiments the synchronisation of scales below �a is incomplete, and
these scales develop their own independent chaotic dynamics, which are, however, not
completely decoupled from the master system. As shown in figure 1(a), the temporal
signals of the dissipation above wavenumber ka, i.e. εs = ν

∑
k>ka

k2ûû∗, in the slave
systems are highly synchronised to the signal of the master system. The correlation
coefficient between these signals in the master and slave systems is approximately 0.99 for
�a = 20η, and drops only to 0.91 for �a = 30η for the two Reynolds numbers considered
here.

In figure 1(b,c), we show the energy and the dissipation spectra, E(k) and D(k) =
2νk2E(k), at different values of ka for the master and slave systems. The smooth transition
of the energy spectra from the assimilated data to the freely evolving modes above ka
indicates a strong dynamic coupling from the master to the slave system, and the good
collapse of the dissipation spectra in Kolmogorov units indicates healthy small-scale
dynamics. The only significant consequence of the assimilation procedure is the increment
of the average dissipation in the slave systems with respect to the master system. This
increment is approximately 5 % for �a = 20η and 30 % for �a = 40η, and leads to a slight
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Figure 1. (a) Phase diagram of signals of the volume-averaged dissipation above ka for the master, εM
s , and

slave, εA
s and εB

s , systems. The signals cover 15Teto, with markers separated by 0.1Teto, and correspond to
�a = 20η and Reλ = 120. The upper dotted line marks εB

s = εA
s , and the lower εM

s = 0.93εA
s . (b) Energy

spectra normalised with the total energy for the master system (dashed line) and for the slave systems (lines
with markers) for different assimilation scales. The solid line is proportional to (kη)−5/3. (c) Premultiplied
dissipation spectra normalised in Kolmogorov units for the master system (dashed line) and the slave systems
(lines with markers), and premultiplied error spectra (lines without markers), for different assimilation scales.
The data correspond to Reλ = 195, but are qualitatively similar for Reλ = 120. The vertical dotted in lines (b,c)
mark the assimilation scales.

reduction of the effective Reλ of between 3 % and 12 %. This is a consequence of the lack
of a feedback mechanism from scales below �a to scales above, but it does not affect the
structure of the small scales in the slave systems, which have similar statistics to those of
the master system. For instance, the skewness and the flatness factor of the longitudinal
velocity derivatives are indistinguishable between systems. We find that F3 ≈ −0.54 and
F4 ≈ 6.3 in all systems for Reλ = 195, where Fn = 〈(∂iui)

n〉/〈(∂iui)
2〉n/2 (no summation

intended for repeated indices). These values are similar to those in the literature (Jiménez
et al. 1993).

In figure 1(c), the error spectrum

R(k) = 〈�û�û∗〉k/〈ûû∗〉k, (2.6)

where �u = uA − uB, shows that the coupling between the assimilated data and the freely
evolving modes of the slave systems is very local in scale, with error increasing sharply
for wavenumbers larger than ka. This locality and the strong correlation of the energy
dissipation signals bring to mind the energy cascade process (Zhou 1993; Eyink & Aluie
2009; Cardesa et al. 2015). We suggest that partial synchronisation, which we analyse in
the following sections, reflects the control exerted by scales above the assimilation scale
into smaller scales to produce the adequate amount of inter-scale energy fluxes.

3. The structure of partial synchronisation

In this section, we characterise the structure of partial synchronisation between the slave
fields in physical space, with focus on the vorticity vector, ω = ∇ × u. A very relevant
aspect of these experiments is that the local degree of synchronisation is not homogeneous
in space, but depends strongly on the magnitude of the vorticity vector, Ω = |ω|. In
figure 2(a,b), we show visualisations of structures of intense vorticity in the slave and
master fields for �a = 20η and Reλ = 120. We observe a conspicuous synchronisation of
worms, which overlap or appear adjacent with the same orientation.

These structures have a typical radius of approximately 4η, but lengths larger than
the assimilation scales used in our experiments (Jiménez et al. 1993). As shown by the
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Figure 2. (a) Visualisation of intense vorticity structures in the slave systems ‘A’ (red) and ‘B’ (blue), and of
structures of intense vorticity in the large scales of the master system (magenta) for �a = 20η. Red and blue
isosurfaces (slave systems) correspond to ΩA,B = 3〈Ω〉, and magenta isosurfaces (master system) to ΩM

l =
4〈ΩM

l 〉. The panel shows the full computational domain. (b) Detail of the synchronisation of intense vortices in
the slave systems in a (150η)3 subdomain. Colours as in panel (a). The data in (a,b) correspond to different flow
fields from simulations at Reλ = 120. (c) Probability density function of the large-scale vorticity magnitude,
ΩA

l (solid markers), and the small-scale vorticity magnitude, ΩA
s (empty markers), in the slave system, and the

vorticity magnitude in the master system ΩM (solid black line) for Reλ = 120. All quantities are normalised
with 〈Ω〉 in each system. Dotted vertical lines mark Ω/〈Ω〉 = 1 and 3.

dissipation spectra in figure 1(c), the assimilated data contain a non-negligible fraction of
the total dissipation (16 % for �a = 20η), and therefore of the total squared vorticity. We
discard, however, the view that the assimilated data contain structures of intense vorticity.
In figure 2(c), we show the probability density function (p.d.f.) of ΩA

s = |ωA
s |, ΩA

l = |ωA
l |

and ΩM = |ωM|. Here ω̂l = ω̂(k)(1 − G(k; ka)) corresponds to the vorticity above scale
�a, which is assimilated from the master system, and ω̂s = ω̂(k)G(k; ka) to the vorticity
below scale �a. Even for �a = 20η, the assimilated data contain only a small fraction of
the vorticity magnitude above 〈Ω〉, and a negligible fraction of the intense vorticity above
3〈Ω〉, which is a threshold used to identify vorticity worms (Jiménez et al. 1993). On the
other hand, the p.d.f.s of the total and the small-scale vorticity magnitude are very similar.
Hence intense vorticity structures originate in the small scales due to interactions with the
assimilated data, but are not imposed by the assimilation process.

To characterise the local synchronisation pattern of the vorticity field, we evaluate the
cosine of the angle of alignment between the vorticity vectors of the two slave systems,

cos(ωA, ωB) = ωA · ωB/(|ωA||ωB|), (3.1)

and the local error,
E = |ωA − ωB|/(|ωA| + |ωB|), (3.2)

which also contains information on the differences in the magnitude of the vorticity vector.
We analyse only the synchronisation between the slave systems, but similar results are
obtained by comparing the slave and master systems: the features shared by the slave
systems due to their synchronisation are also present in the master system.

In figure 3(a,b), we show the p.d.f.s of cos(ωA, ωB) and E for �a = 20η considering all
data, and the same p.d.f.s conditioned to different values of the magnitude of the vorticity
vector in one of the slave systems. Synchronisation is manifest in the strong alignment
between the vorticity vectors of the slave systems (note the logarithmic axis). When
conditioned to the local magnitude of the vorticity vector, this alignment becomes stronger
for large Ω , and weaker for small Ω . The peak of the alignment p.d.f. is approximately 10
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Figure 3. (a,b) The p.d.f.s of (a) the angle of alignment and (b) the error between the vorticity vector of the
slave systems as a function of the intensity of the vorticity magnitude for �a = 20η. (c,d) The p.d.f.s of (c) the
angle of alignment and (d) the error between the vorticity vector of the slave systems for Ω > 3〈Ω〉 for different
assimilation scales. (e, f ) The p.d.f.s of (e) the angle of alignment and ( f ) the error between the vorticity vector
of the slave systems as a function of the intensity of the vorticity magnitude for �a = 40η. In all panels the
empty markers correspond to Reλ = 120 and solid markers to Reλ = 195. The dotted lines mark the error and
angle of alignment of fully decorrelated vorticity fields.

for Ω > 3〈Ω〉, but decreases five-fold for Ω < 0.5〈Ω〉. A similar picture stems from the
local error, which is smaller for large Ω than for small Ω . Intense vorticity is substantially
more synchronised to the action of large scales than weak vorticity.

In figure 3(c,d) we show the p.d.f.s of cos(ωA, ωB) and E conditioned to Ω > 3〈Ω〉
for different values of the assimilation scale. In agreement with the scale locality of
synchronisation exposed by the error spectra in figure 1(c), the statistics of the angle of
alignment and the error become closer to those of decorrelated fields as the assimilation
scale increases. While for �a = 20η a strong synchronisation is evident both in the angle
of alignment and in the error, for �a = 30η synchronisation is lost to a large degree, but
this loss is more conspicuous in the error than in the angle of alignment. In figure 3(e, f )
we show the p.d.f.s of cos(ωA, ωB) and E conditioned to Ω for �a = 40η. The error is very
close to that of completely decorrelated fields independently of the vorticity magnitude,
but there exists a statistically significant deviation from a completely random alignment
of intense vorticity. Although scales up to 40η do not control the intensity and position of
intense vortices, they seem to have an effect on their orientation.

4. The synchronisation mechanism

In order to identify the synchronisation mechanism, we consider the vorticity equation

Dtω = W + ν∇2ω, (4.1)
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where Dt is the Lagrangian derivative, W = S · ω is the vortex-stretching vector and
S = (∇u + ∇uT)/2 is the rate-of-strain tensor. While viscosity is necessary for the local
equilibrium of coherent vortices, it is not in itself a mechanism able to generate structure.
We are left with the interaction between the rate-of-strain tensor and the vorticity vector,
represented by W , as the only possible mechanism for the synchronisation of intense
vorticity.

We explain the synchronisation mechanism by focusing on the local amplification of the
magnitude of the vorticity vector by the rate-of-strain tensor,

σ = 1
Ω2 ω · W , (4.2)

which enters the evolution equation of the vorticity magnitude and the enstrophy as
DtΩ = σΩ and DtΩ

2 = 2σΩ2 (in the inviscid case). To account for the action of the
assimilated data above �a on the slave systems, we use (2.4) to separate the velocity
gradients in scales below and above �a, i.e. S = Sl + Ss and ω = ωl + ωs. This gives
four different scale contributions to the stretching vector, W α�β = Sα · ωβ , and to the
local amplification of the vorticity magnitude,

σα�β = 1
Ω2 ω · W α�β, (4.3)

where α and β take letters ‘s’ or ‘l’ to denote the contribution of scales smaller or larger
than �a, and � points to the scale being stretched by the rate-of-strain tensor. Thus σs�s and
σl�l represent the stretching of small- and large-scale vorticity by the rate-of-strain tensor
in the same scale, and σl�s and σs�l the stretching of small- and large-scale vorticity by
the rate-of-strain tensor in large and small scales, respectively.

In figure 4(a) we show the average of the four amplification terms in synchronisation
experiments as a function of �a. Here we have included synchronisation experiments
with �a < 20η. The stretching of large-scale vorticity by large- and small-scale strain,
σl�l and σs�l, are small compared to the terms involving small-scale vorticity, σs�s and
σl�s, which dominate the total amplification. We focus on σs�s and σl�s and study their
relation to the local level of synchronisation in the slave fields. In figure 4(b,c), we show the
average of σl�s and σs�s conditioned to cos(ωA, ωB) and to E for �a = 20η. The stretching
of small-scale vorticity by large-scale strain is on average intense in regions where the
vorticity vectors are highly synchronised, cos(ωA, ωB) ≈ 1 and E ≈ 0, indicating that
this mechanism is involved in the synchronisation process. The average of σl�s is also
large when cos(ωA, ωB) ≈ −1 and E ≈ 1. We suggest that this is related to the quadratic
dependence of σl�s on the vorticity vector, which implies that the large-scale strain equally
stretches vortices with the same orientation but with opposite sign. This allows for the
possibility that intense large-scale strain aligns vorticity antiparallel in the slave systems,
which leads to cos(ωA, ωB) ≈ −1 and E ≈ 1 where σ is large. This antiparallel alignment
is, however, unlikely (figure 3a).

The conditional average of σs�s shows that, conversely to σl�s, this quantity is
independent of the local level of synchronisation, discarding any synchronisation
mechanism other than the stretching of the small-scale vorticity by the large-scale strain.

In this analysis and in the previous one, we do not observe any significant variation of
the statistics with Reλ.

In figure 4(d), we show the average of σl�s and σs�s for �a = 20η conditioned to
Ω . The contributions of both terms to the amplification of intense vorticity are very
similar. Although this might suggest that both mechanisms are equally involved in the
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Figure 4. (a) Average amplification of the vorticity magnitude, σα�β , due to contributions of the rate-of-strain
tensor and the vorticity vector at different scales; see (4.3). (b–d) Average of σl�s and σs�s in the slave systems
for �a = 20η conditioned to: (b) the error, (c) the angle of alignment and (d) the magnitude of the vorticity
vector. In panels (a–d) quantities are normalised with Kolmogorov units. (e, f ) Average of σl�s conditioned to:
(e) the error and ( f ) the angle of alignment at different assimilation scales, normalised with the inertial time
τa = (�2

a/〈ε〉)1/3. Empty markers correspond to Reλ = 120 and solid markers to Reλ = 195.

dynamics of intense vorticity, synchronisation experiments prove this false. The stretching
of the vorticity vector by the large-scale rate-of-strain tensor controls to a large extent the
magnitude and orientation of intense vorticity.

The synchronising effect of vortex stretching is also present at larger assimilation scales
despite the loss of synchronicity. In figure 4(e, f ) we show the p.d.f. of σl�s conditioned to
cos(ωA, ωB) and to E for large values of �a. Here σl�s is normalised with the characteristic
inertial time at scale �a, i.e. τa = (�2

a/〈ε〉)1/3. The collapse of the p.d.f.s indicates that the
synchronising effect of the large-scale stretching extends up to inertial scales, and that it
scales in inertial units. As �a increases, chaos below this scale becomes more relevant,
and large-scale stretching cannot effectively control the position and magnitude of intense
vortices, but it does affect their orientation. This is shown by the preferential alignment of
intense vorticity up to �a = 40η in figure 3(e).

5. Discussion

We have conducted numerical experiments in isotropic turbulence to show that, by
imposing similar dynamics above the dissipative range to two independent turbulent flows,
similar structures of intense vorticity are generated in the two flows, i.e intense vorticity
synchronises to scales above the dissipative range. Remarkably, synchronisation happens
despite the presence of chaotic dynamics, and is more pronounced for the intense vorticity
than for the weak vorticity. We have reported that the dynamics at scales above 20η,
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where η is the Kolmogorov scale, largely controls the magnitude and orientation of intense
vorticity. For larger scales, synchronicity is progressively lost, but the orientation of the
intense vorticity is still affected by scales up to 40η. These experiments show that the
dynamics above the dissipative range is, to a large extent, a sufficient cause of the structure
of intense vorticity in the dissipative range. We conclude that intense vortices do not
emerge primarily due to the self-organisation of velocity gradients in the dissipative range,
but due to the dynamics at larger scales.

The synchronisation pattern does not change in the range of moderate Reλ studied. At
higher Reynolds numbers, intermittency effects may affect synchronisation, but we suggest
that this phenomenon should persist due to its connection with the energy cascade, which
we discuss later in this section.

We have identified the stretching of the vorticity vector by the large-scale rate-of-strain
tensor as the mechanism responsible for the synchronisation of intense vorticity. While
intense vorticity is equally stretched by the rate-of-strain tensor at scales below and
above 20η, we have shown that the stretching of scales above controls its magnitude and
orientation.

A possible interpretation of these results is that the formation of intense vortices is a
multiscale process. Inertial scales form the cast for the vortices, providing a preferential
orientation for their axes, while interactions at smaller scales, down to 20η, progressively
determine their intensity and the position of their core. The amplification of vorticity due
to small-scale interactions provides an important fraction of the total enstrophy production
in intense vortices, and most probably determines the scaling of their radius, but we have
shown that this mechanism does not control their evolution. These results shed light on
why the circulation of intense vortices is not appropriately described by two-scale models
such as the Burgers’ vortex (Jiménez et al. 1993).

In view of the spatial structure of synchronisation, we suggest that synchronisation
is most probably not homogeneous in time. An intriguing question is whether
synchronisation is particularly strong at any time during the lifetime of intense vortices. As
reported by Douady et al. (1991), intense vortices have an asymmetric temporal evolution,
with a sudden birth and a slow decay. This suggests that synchronisation may be stronger
at their birth than during their lifetime. A temporal analysis of the synchronisation pattern
would further clarify the mechanisms of vortex formation, and allow the identification of
the precise events involved.

In this work we have also reported the synchronisation of the average dissipation signal
to dynamics above the dissipative range, which points to the energy cascade process,
and suggests that the strong synchronisation of intense vorticity reflects the action of
the last steps of the inertial range on the dissipative scales. This evidence, together with
the comparatively asynchronous behaviour of weak vorticity, points to the separation
of the flow in active, cascade-driven regions, and in a weak and cascade-independent
turbulent background. Although the cascade-independent background develops its own
chaotic structure (Tsinober 1998), its asynchronous behaviour suggests that it is only
loosely coupled to the fluctuations at scales above the dissipative range. On the other hand,
the cascade-driven regions may be more effective in capturing the fluctuations at the last
inertial scales, connecting them with the dissipative range.

These results reveal a more relevant role of intense vorticity than suggested by its
contribution to the total enstrophy – not by directly participating in the dissipation budget,
but by helping to transmit the information of inertial fluctuations to the dissipative
range (Cardesa et al. 2015). Our results suggest that this information is more efficiently
transmitted through the intense vorticity due to large-scale stretching than through the
weak vorticity background.

913 R8-10

ht
tp

s:
//

do
i.o

rg
/1

0.
10

17
/jf

m
.2

02
1.

15
3 

Pu
bl

is
he

d 
on

lin
e 

by
 C

am
br

id
ge

 U
ni

ve
rs

ity
 P

re
ss

https://doi.org/10.1017/jfm.2021.153


Synchronisation of intense vorticity in turbulence

Declaration of interests. The author reports no conflict of interest.

Author ORCIDs.
Alberto Vela-Martín https://orcid.org/0000-0003-4561-8683.

REFERENCES

ASHURST, W.T., KERSTEIN, A.R., KERR, R.M. & GIBSON, C.H. 1987 Alignment of vorticity and scalar
gradient with strain rate in simulated Navier–Stokes turbulence. Phys. Fluids 30, 2343–2353.

BAPPY, M.H., CARRICA, P.M., VELA-MARTÍN, A., FREIRE, L.S. & BUSCAGLIA, G.C. 2020 Pressure
statistics of gas nuclei in homogeneous isotropic turbulence with an application to cavitation inception.
Phys. Fluids 32, 095107.

BURGERS, J.M. 1948 A mathematical model illustrating the theory of turbulence. Adv. Appl. Mech. 1, 171–199.
CADOT, O., DOUADY, S. & COUDER, Y. 1995 Characterization of the low-pressure filaments in a

three-dimensional turbulent shear flow. Phys. Fluids 7, 630–646.
CARDESA, J.I., VELA-MARTÍN, A., DONG, S. & JIMÉNEZ, J. 2015 The temporal evolution of the energy

flux across scales in homogeneous turbulence. Phys. Fluids 27, 111702.
CARDESA, J.I., VELA-MARTÍN, A. & JIMÉNEZ, J. 2017 The turbulent cascade in five dimensions. Science

357, 782–784.
DI LEONI, P.C., MAZZINO, A. & BIFERALE, L. 2020 Synchronization to Big Data: nudging the

Navier–Stokes equations for data assimilation of turbulent flows. Phys. Rev. X 10, 011023.
DOUADY, S., COUDER, Y. & BRACHET, M.E. 1991 Direct observation of the intermittency of intense vorticity

filaments in turbulence. Phys. Rev. Lett. 67, 983–986.
EYINK, G.L. & ALUIE, H. 2009 Localness of energy cascade in hydrodynamic turbulence. I. Smooth coarse

graining. Phys. Fluids 21, 115107.
FRISCH, U. 1995 Turbulence: the legacy of AN Kolmogorov. Cambridge University Press.
JIMÉNEZ, J., WRAY, A., SAFFMAN, P.G. & ROGALLO, R.S. 1993 The structure of intense vorticity in

isotropic turbulence. J. Fluid Mech. 255, 65–90.
LALESCU, C.C., MENEVEAU, C. & EYINK, G.L. 2013 Synchronization of chaos in fully developed

turbulence. Phys. Rev. Lett. 110, 084102.
LEUNG, T., SWAMINATHAN, N. & DAVIDSON, P.A. 2012 Geometry and interaction of structures in

homogeneous isotropic turbulence. J. Fluid Mech. 710, 453–481.
LOZANO-DURÁN, A., HOLZNER, M. & JIMÉNEZ, J. 2016 Multiscale analysis of the topological invariants

in the logarithmic region of turbulent channels at a friction Reynolds number of 932. J. Fluid Mech.
803, 356–394.

MATHAI, V., LOHSE, D. & SUN, C. 2020 Bubbly and buoyant particle–laden turbulent flows. Annu. Rev.
Condens. Matter Phys. 11, 529–559.

OHKITANI, K. & KISHIBA, S. 1995 Nonlocal nature of vortex stretching in an inviscid fluid. Phys. Fluids
7, 411–421.

PASSOT, T., POLITANO, H., SULEM, P.L., ANGILELLA, J.R. & MENEGUZZI, M. 1995 Instability of strained
vortex layers and vortex tube formation in homogeneous turbulence. J. Fluid Mech. 282, 313–338.

PECORA, L.M. & CARROLL, T.L. 1990 Synchronization in chaotic systems. Phys. Rev. Lett. 64, 821–824.
PULLIN, D.I. & SAFFMAN, P.G. 1998 Vortex dynamics in turbulence. Annu. Rev. Fluid Mech. 30, 31–51.
PUMIR, A. 1994 A numerical study of pressure fluctuations in three-dimensional, incompressible,

homogeneous, isotropic turbulence. Phys. Fluids 6, 2071–2083.
SHE, Z.-S., JACKSON, E. & ORSZAG, S.A. 1990 Intermittent vortex structures in homogeneous isotropic

turbulence. Nature 344, 226–228.
SIGGIA, E.D. 1981 Numerical study of small-scale intermittency in three-dimensional turbulence. J. Fluid

Mech. 107, 375–406.
TOSCHI, F. & BODENSCHATZ, E. 2009 Lagrangian properties of particles in turbulence. Annu. Rev. Fluid

Mech. 41, 375–404.
TSINOBER, A. 1998 Is concentrated vorticity that important? Eur. J. Mech. 17, 421–449.
VINCENT, A. & MENEGUZZI, M. 1994 The dynamics of vorticity tubes in homogeneous turbulence. J. Fluid

Mech. 258, 245–254.
YOSHIDA, K., YAMAGUCHI, J. & KANEDA, Y. 2005 Regeneration of small eddies by data assimilation in

turbulence. Phys. Rev. Lett. 94, 014501.
ZHOU, Y. 1993 Interacting scales and energy transfer in isotropic turbulence. Phys. Fluids 5, 2511–2524.

913 R8-11

ht
tp

s:
//

do
i.o

rg
/1

0.
10

17
/jf

m
.2

02
1.

15
3 

Pu
bl

is
he

d 
on

lin
e 

by
 C

am
br

id
ge

 U
ni

ve
rs

ity
 P

re
ss

https://orcid.org/0000-0003-4561-8683
https://orcid.org/0000-0003-4561-8683
https://doi.org/10.1017/jfm.2021.153

	1 Introduction
	2 Synchronisation experiments in isotropic turbulence
	2.1 Complete synchronisation in the dissipative range
	2.2 Partial synchronisation above the dissipative range

	3 The structure of partial synchronisation
	4 The synchronisation mechanism
	5 Discussion
	References


<<
  /ASCII85EncodePages false
  /AllowTransparency false
  /AutoPositionEPSFiles false
  /AutoRotatePages /None
  /Binding /Left
  /CalGrayProfile (Dot Gain 20%)
  /CalRGBProfile (sRGB IEC61966-2.1)
  /CalCMYKProfile (U.S. Web Coated \050SWOP\051 v2)
  /sRGBProfile (sRGB IEC61966-2.1)
  /CannotEmbedFontPolicy /Error
  /CompatibilityLevel 1.3
  /CompressObjects /Tags
  /CompressPages true
  /ConvertImagesToIndexed true
  /PassThroughJPEGImages true
  /CreateJobTicket false
  /DefaultRenderingIntent /Default
  /DetectBlends true
  /DetectCurves 0.1000
  /ColorConversionStrategy /LeaveColorUnchanged
  /DoThumbnails false
  /EmbedAllFonts true
  /EmbedOpenType false
  /ParseICCProfilesInComments true
  /EmbedJobOptions true
  /DSCReportingLevel 0
  /EmitDSCWarnings false
  /EndPage -1
  /ImageMemory 1048576
  /LockDistillerParams true
  /MaxSubsetPct 100
  /Optimize false
  /OPM 1
  /ParseDSCComments true
  /ParseDSCCommentsForDocInfo true
  /PreserveCopyPage false
  /PreserveDICMYKValues true
  /PreserveEPSInfo false
  /PreserveFlatness true
  /PreserveHalftoneInfo false
  /PreserveOPIComments false
  /PreserveOverprintSettings false
  /StartPage 1
  /SubsetFonts true
  /TransferFunctionInfo /Remove
  /UCRandBGInfo /Remove
  /UsePrologue false
  /ColorSettingsFile ()
  /AlwaysEmbed [ true
  ]
  /NeverEmbed [ true
  ]
  /AntiAliasColorImages false
  /CropColorImages true
  /ColorImageMinResolution 150
  /ColorImageMinResolutionPolicy /OK
  /DownsampleColorImages true
  /ColorImageDownsampleType /Bicubic
  /ColorImageResolution 300
  /ColorImageDepth -1
  /ColorImageMinDownsampleDepth 1
  /ColorImageDownsampleThreshold 1.50000
  /EncodeColorImages true
  /ColorImageFilter /DCTEncode
  /AutoFilterColorImages true
  /ColorImageAutoFilterStrategy /JPEG
  /ColorACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /ColorImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000ColorACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000ColorImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasGrayImages false
  /CropGrayImages true
  /GrayImageMinResolution 150
  /GrayImageMinResolutionPolicy /OK
  /DownsampleGrayImages true
  /GrayImageDownsampleType /Bicubic
  /GrayImageResolution 300
  /GrayImageDepth -1
  /GrayImageMinDownsampleDepth 2
  /GrayImageDownsampleThreshold 1.50000
  /EncodeGrayImages true
  /GrayImageFilter /DCTEncode
  /AutoFilterGrayImages true
  /GrayImageAutoFilterStrategy /JPEG
  /GrayACSImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /GrayImageDict <<
    /QFactor 0.15
    /HSamples [1 1 1 1] /VSamples [1 1 1 1]
  >>
  /JPEG2000GrayACSImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /JPEG2000GrayImageDict <<
    /TileWidth 256
    /TileHeight 256
    /Quality 30
  >>
  /AntiAliasMonoImages false
  /CropMonoImages true
  /MonoImageMinResolution 400
  /MonoImageMinResolutionPolicy /OK
  /DownsampleMonoImages true
  /MonoImageDownsampleType /Bicubic
  /MonoImageResolution 1200
  /MonoImageDepth -1
  /MonoImageDownsampleThreshold 1.50000
  /EncodeMonoImages true
  /MonoImageFilter /CCITTFaxEncode
  /MonoImageDict <<
    /K -1
  >>
  /AllowPSXObjects false
  /CheckCompliance [
    /None
  ]
  /PDFX1aCheck false
  /PDFX3Check false
  /PDFXCompliantPDFOnly false
  /PDFXNoTrimBoxError true
  /PDFXTrimBoxToMediaBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXSetBleedBoxToMediaBox true
  /PDFXBleedBoxToTrimBoxOffset [
    0.00000
    0.00000
    0.00000
    0.00000
  ]
  /PDFXOutputIntentProfile (None)
  /PDFXOutputConditionIdentifier ()
  /PDFXOutputCondition ()
  /PDFXRegistryName ()
  /PDFXTrapped /False

  /CreateJDFFile false
  /Description <<
    /CHS <FEFF4f7f75288fd94e9b8bbe5b9a521b5efa7684002000410064006f006200650020005000440046002065876863900275284e8e9ad88d2891cf76845370524d53705237300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c676562535f00521b5efa768400200050004400460020658768633002>
    /CHT <FEFF4f7f752890194e9b8a2d7f6e5efa7acb7684002000410064006f006200650020005000440046002065874ef69069752865bc9ad854c18cea76845370524d5370523786557406300260a853ef4ee54f7f75280020004100630072006f0062006100740020548c002000410064006f00620065002000520065006100640065007200200035002e003000204ee553ca66f49ad87248672c4f86958b555f5df25efa7acb76840020005000440046002065874ef63002>
    /DAN <>
    /DEU <>
    /ESP <>
    /FRA <>
    /ITA <>
    /JPN <FEFF9ad854c18cea306a30d730ea30d730ec30b951fa529b7528002000410064006f0062006500200050004400460020658766f8306e4f5c6210306b4f7f75283057307e305930023053306e8a2d5b9a30674f5c62103055308c305f0020005000440046002030d530a130a430eb306f3001004100630072006f0062006100740020304a30883073002000410064006f00620065002000520065006100640065007200200035002e003000204ee5964d3067958b304f30533068304c3067304d307e305930023053306e8a2d5b9a306b306f30d530a930f330c8306e57cb30818fbc307f304c5fc59808306730593002>
    /KOR <FEFFc7740020c124c815c7440020c0acc6a9d558c5ec0020ace0d488c9c80020c2dcd5d80020c778c1c4c5d00020ac00c7a50020c801d569d55c002000410064006f0062006500200050004400460020bb38c11cb97c0020c791c131d569b2c8b2e4002e0020c774b807ac8c0020c791c131b41c00200050004400460020bb38c11cb2940020004100630072006f0062006100740020bc0f002000410064006f00620065002000520065006100640065007200200035002e00300020c774c0c1c5d0c11c0020c5f40020c2180020c788c2b5b2c8b2e4002e>
    /NLD (Gebruik deze instellingen om Adobe PDF-documenten te maken die zijn geoptimaliseerd voor prepress-afdrukken van hoge kwaliteit. De gemaakte PDF-documenten kunnen worden geopend met Acrobat en Adobe Reader 5.0 en hoger.)
    /NOR <>
    /PTB <>
    /SUO <>
    /SVE <>
    /ENU (Use these settings to create Adobe PDF documents best suited for high-quality prepress printing.  Created PDF documents can be opened with Acrobat and Adobe Reader 5.0 and later.)
  >>
  /Namespace [
    (Adobe)
    (Common)
    (1.0)
  ]
  /OtherNamespaces [
    <<
      /AsReaderSpreads false
      /CropImagesToFrames true
      /ErrorControl /WarnAndContinue
      /FlattenerIgnoreSpreadOverrides false
      /IncludeGuidesGrids false
      /IncludeNonPrinting false
      /IncludeSlug false
      /Namespace [
        (Adobe)
        (InDesign)
        (4.0)
      ]
      /OmitPlacedBitmaps false
      /OmitPlacedEPS false
      /OmitPlacedPDF false
      /SimulateOverprint /Legacy
    >>
    <<
      /AddBleedMarks false
      /AddColorBars false
      /AddCropMarks false
      /AddPageInfo false
      /AddRegMarks false
      /ConvertColors /ConvertToCMYK
      /DestinationProfileName ()
      /DestinationProfileSelector /DocumentCMYK
      /Downsample16BitImages true
      /FlattenerPreset <<
        /PresetSelector /MediumResolution
      >>
      /FormElements false
      /GenerateStructure false
      /IncludeBookmarks false
      /IncludeHyperlinks false
      /IncludeInteractive false
      /IncludeLayers false
      /IncludeProfiles false
      /MultimediaHandling /UseObjectSettings
      /Namespace [
        (Adobe)
        (CreativeSuite)
        (2.0)
      ]
      /PDFXOutputIntentProfileSelector /DocumentCMYK
      /PreserveEditing true
      /UntaggedCMYKHandling /LeaveUntagged
      /UntaggedRGBHandling /UseDocumentProfile
      /UseDocumentBleed false
    >>
  ]
>> setdistillerparams
<<
  /HWResolution [2400 2400]
  /PageSize [612.000 792.000]
>> setpagedevice


